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Message from the Workshop Chair
You have in front of you the proceedings of the 5th International Workshop on Worst-Case
Execution Time (WCET) Analysis. The workshop was held on the 5th of July 2005 as a satellite event
to the 17th Euromicro Conference on Real-Time Systems (ECRTS 2005) in Palma de Mallorca, Spain.
It was the fifth event in the series after the successful meetings in Delft (Holland) in 2001, Vienna
(Austria) in 2002, Porto (Portugal) in 2003 and Catania (Italy) in 2004. The goal of these workshops is
to bring together people from academia, tool vendors and users in industry that are interested in all
aspects of timing analysis for real-time systems. The workshops provide a relaxed forum to present and
discuss new ideas, new research directions, and to review current trends in this area. It consisted of short
presentations that should encourage discussion by the attendees. The topics of the 2005 workshop
included paper on the following topics:





Measurement-based timing-analysis methods,
Experience from industrial case studies,
Architectural issues, and
Timing analysis in real-time education.

In addition, there was an invited talk by Lothar Thiele, ETH Zuerich, on Composable Real-Time
Analysis. There is no paper about this talk contained in the proceedings.
The industrial case studies showed that the techniques have matured to industrial applicability.
Better results are achieved if the methods and tools are integrated into the development process.
Measurement-based methods were controversially discussed. Further talks showed that much support is
needed to deal with architectural features that endanger timing predictability.
Reinhard Wilhelm (Workshop Chair)
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Issues using the Nexus Interface for Measurement-Based
WCET Analysis
Adam Betts and Guillem Bernat
Real-Time Systems Research Group
Department of Computer Science
University of York, UK

{abetts, bernat}@cs.york.ac.uk

Abstract
Hardware debug interfaces such as Nexus have
the power to unleash the full potential of
measurement-based WCET approaches due to the
passive nature in which timing data are collected
from the processor. However, diﬃculties arise as a
result of their restrictive nature, thus disallowing
true user freedom in the selection of instrumentation point placement. This paper elaborates on the
problems encountered when using the Nexus interface in our measurement-based WCET framework,
and how some of these issues can be resolved, particularly that of irreducibility.

1

Introduction

Measurement-based (MB) WCET analysis techniques are being embraced as the predictability of
state-of-the-art processors diminishes due to modern speed-up features, e.g. cache, branch prediction, out-of-order execution, etc. Real-time hardware architects are increasingly looking towards
such features as the thirst for performance enhancement grips the embedded market [5]. However, the resulting eﬀect is instruction latencies
that are diﬃcult to model statically, thus resulting in pessimistic assumptions about speed-up features’ behaviour that ultimately leads to loose
WCET estimates. MB approaches, on the other
hand, permit tighter WCET estimates [2] by testing the program on its actual hardware platform.
The main hindrance in using MB approaches is
that timing data need to be collected whilst the
program executes: either processor simulation or
software probing performs the desired task. Cycleaccurate simulators capture both functional and
temporal aspects of a processor, which are usually
constructed by scrutinising the processor’s user
manual. Many factors render themselves crucial
in the accurate design of a processor simulator for
ECRTS 2005
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which failure can produce unsafe WCET estimates.
Engblom [3] has cited potential sources of error in
simulator construction and he concludes that user
manuals are generally not trustworthy and that
complex processors do not lend themselves to ease
of construction. Alternatively, software monitoring
inserts instrumentation points (ipoints) in the program in order to accumulate timing data during its
execution. The clear advantage of this technique is
program execution on its intended hardware, thus
overcoming intrinsic diﬃculties in modelling the
processor and peripheral hardware. However, a
negative phenomenon widely known as the probe
eﬀect ensues whereby ipoints disturb the temporal
nature of the program, i.e. the execution time of
the program diﬀers when the software ipoints are
removed.
A solution for the seemingly unavoidable probe
eﬀect has arrived in the form of hardware debug
interfaces, such as Nexus [6] which is discussed in
section 3, and the ARM embedded trace macrocell (ETM) [4]. The fundamental aspect of these
interfaces is that data are collected passively from
the processor during program execution. Problems
do arise through the restrictive nature that is imposed on data collection, which restricts true user
freedom in the selection of instrumentation point
placement, thus requiring new techniques to handle these hurdles. In this paper we discuss such
problems and techniques in the context of Nexus,
primarily because it is now an IEEE-ISTO standard, although they are equally applicable to the
ETM.
In this paper we discuss how this restriction
naturally leads to the problem of irreducibility
in the data structure that is employed in our
measurement-based framework, the instrumentation point graph (IPG), which is brieﬂy introduced
in the next section. We will show how some irreducible issues can be resolved by the relationship that exists between the program’s control ﬂow
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program trace feature, branch trace messaging
(BTM). This allows time stamps to be recorded
when sequential program ﬂow discontinues, i.e. at
taken branches and exceptions. In the case of taken
direct branches, Nexus includes the number of sequential instructions that were executed since the
last taken branch or exception, including those direct branches that resolved to untaken and indirect
branches. The address of the branch target and
branch-condition predicate bits can also be derived
by using the more reﬁned historical BTM feature
[7]. At ﬁrst sight it would appear that only monitoring taken branches in unnecessarily restrictive.
The motivating factor for this is to lower the burden placed on the Nexus interface: too many requested debug reports results in trace buﬀer overﬂow. The BTM feature is the principal means of
extracting WCET data, so we now qualify how its
restrictive properties impacts the computation of
MB WCET estimates.

graph (CFG) and the IPG. We further discuss how
trace data loss and out-of-order execution aﬀects
the computation of WCET estimates. Finally, we
outline some conclusions and future areas of work.

2

Instrumentation Point Graphs

Our approach combines timing data collected during measurement through high-level static techniques that reconstruct the longest path through
the program, independent of the type of monitoring employed. This is accomplished using the IPG
in which the atomic unit of computation is the time
that is observed between ipoints, instead of basic
blocks, which is the case of the CFG. In essence,
the IPG arranges the possible transitions among
ipoint pairs in the CFG into structural form. The
transitions among ipoints in the IPG thus represent sequences of code exercised when a particular
edge is followed. Timing measurements for these
sequences are obtained by executing the program
using test-data generation algorithms.
Once the IPG has been built, we adopt traditional calculation methods found in the literature, i.e. tree-based, path-based and IPET, revising them accordingly so that they pertain to
the IPG. As hierarchical representations have difﬁculty modelling irreducible regions of code, the
reducibility property of an IPG is a central issue in
tree-based methods. Software instrumentation can
guarantee the reducibility of the resultant IPG, details of which can be found elsewhere [1]; however,
as true user freedom in ipoint placement is disallowed in Nexus-monitored programs, this property
is only in evidence in trivial CFGs. An example
later in the paper will help clarify this issue.

3
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Irreducible IPGs
In optimising compilers and WCET analysis, the
reducibility of a CFG is a key property as loop
identiﬁcation techniques, for example, are greatly
simpliﬁed. A loop is irreducible when there are
multiple entries into the loop [9], so that no single node dominates all nodes in the loop body.
In these cases it is often diﬃcult to compute the
nodes that are contained in the body, the nesting
relationship among loops, and even the number of
loops. However, using the Nexus interface in our
framework ensures a much higher prevalence rate
of irreducibility in the IPG, even for relatively simple CFGs. Worse yet, the irreducibility properties
are vastly more complex than an optimising compiler would typically introduce on a CFG, in the
sense that reducibility encapsulates much larger
subgraphs of the IPG.
The cause of irreducibility emanates from the
virtual nature of Nexus ipoints in contrast to the
physical nature of software probes. In the latter,
all executions of a program that invoke a set of
basic blocks include the execution of ipoints belonging to those basic blocks. This is not the case
in the BTM, in which only the invocation of a transition among basic blocks triggers the time stamp.
Therefore, unless an edge e that includes a virtual
ipoint dominates all other edges E including virtual ipoints on each path to exit in the CFG, it is
possible that the ﬂow of control skips around e to
each edge in E. This point is illustrated in ﬁgure
1: there is a CFG with virtual ipoints on all transi-

The Nexus Standard

Nexus has been introduced in response to the everincreasing subtle nature of software and hardware
bugs [6, 7]. This subtlety has arisen as a result of
the complexity of modern processors: more transistors, faster clock-rates, multiple-level on-chip
caches, multi-core processors, etc. All these intricacies mask the visibility of bugs and render traditional methods of debugging, e.g. in-circuit emulators and logic analysers, inappropriate. Nexus
uses JTAG ports to communicate between a debug
tool and the processor, and is increasingly being
supported by chip manufacturers such as Motorola
and STMicroelectronics.
The principal way to extract WCET data
through the Nexus interface is by utilising its
2
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tions for which Nexus would record a time stamp 1 ,
as well as the resulting IPG that consists of ipoints
as nodes. The edge that includes ipoint i1 clearly
dominates edges that include ipoints i2 and i3 in
the CFG, thus ensuring that all paths from start
pass through this edge to reach i2 and i3 . On the
other hand, there is no dominance relation among
i5 and i6 and they both reside in a natural loop
structure. Therefore, the set of ipoints on paths
from start to this loop have a corresponding edge
to i5 and i6 if start is their immediate dominator;
the complexity evidently intensiﬁes as the size of
this set increases as well as the number of ipoints in
the loop body. Another complexity that emerges
from ﬁgure 1 is that of misidentiﬁcation of loop
nesting structures. The natural loop structure containing i5 and i6 might incorrectly be identiﬁed as
a nested loop whereby i5 is the outer loop header
and i6 is the inner loop header. In fact, all edges
i5 → i6 , i6 → i5 and i6 → i6 are loop backedges
since they correspond to another iteration of the
loop in the CFG. This problem is also in evidence
in the while loop structure that contains i 2 and i3 .
We utilise two interlinked techniques in handling IPG irreducibility that is generated by virtual
ipoint placement. Firstly, by using the relationship between the CFG and the IPG it is relatively
straightforward to ascertain when simulated nested
loops actually conform to a single loop. This is
primarily carried out by inspection of the dominance relation that exists among basic blocks in
the CFG with respect to that of the ipoints in
the IPG. Secondly, we can reduce the intricacy of
IPG irreducibility, and complexity in general, by
means of edge pruning. The relationship between
the CFG and the IPG is yet again central to the
accomplishment of this task, as well as the familiar
WCET principle that a program’s WCET occurs
under maximum loop iteration. In general, any
edge in the IPG that bypasses the execution of a
loop in the CFG can be pruned. Although both
of these techniques reduce some irreducibility aspects, the general case remains an open problem.

(A)

(B)

start

start

i1

i1

i5

i2

i2
i3

i5

i6

i4

i3

i6

i4
exit

exit

Figure 1: (A) CFG with virtual ipoints on edges
Nexus monitors and (B) Resultant IPG generated
sults in higher instruction throughput. Multipleissue processors, more accurate branch prediction
schemes, and more elaborate speculative execution
techniques ensure a faster turnover of branch instructions. In sharp contrast to this, nobody is
suggesting that the average size of basic blocks,
typically six instructions, is on the verge of increasing.
The loss of trace data has varying consequences
on the computation of WCET estimates. Incomplete information about the branch target address
will evidently result in diﬃculties in reconstructing the path that was executed in the program.
Consequently, the time that is observed between
recorded pairs of ipoints can lead to inaccurate
WCET estimates as it will include the execution
of a path that includes another unrecorded ipoint.
If measurement is being used to ascertain loop
bounds then data loss inevitably leads to the possibility of underestimation since fewer iterations
will be observed than the actual number. The irreducibility problem of IPGs further complicates
trace data loss: others [10] have shown that it is
possible to reconstruct the path through a program
by instrumenting the leaves of the CFG’s dominator tree. However, the dominator tree of the IPG is
extremely shallow as a result of irreducibility, thus
eliminating this possibility.
The key to reducing trace data loss is to minimise the data rate out of the CPU. In particular,
Nexus does permit the monitoring of a set of addresses within a speciﬁed range. Hence it is possible to guide the instrumentation process given
static and dynamic properties of the program. For
example, some studies [8] have shown that only a

Trace data loss
As we discussed above, Nexus attempts to prevent
trace data loss through its BTM scheme by recording data when program ﬂow discontinues. This
does not completely guarantee fulﬁlment of this requirement since tightly grouped sequences of control ﬂow changes might still overwhelm the JTAG
port. The problem is accentuated by the pulsating increase in microprocessor performance that re1
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We include start and exit nodes as ipoints

3
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area will quantify these eﬀect and propose some
solutions.

small number of branches are dynamically invoked,
thus it may be more pertinent to observe these locations. Other properties such as whether a branch
appears on the worst path, the size of the program
etc., have equal bearing.
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Safe measurement-based WCET estimation
Jean-François Deverge and Isabelle Puaut
Université de Rennes 1 - IRISA
Campus Universitaire de Beaulieu
35042 Rennes Cedex, France
{Jean-Francois.Deverge|Isabelle.Puaut}@irisa.fr

Abstract
This paper explores the issues to be addressed to provide
safe worst-case execution time (WCET) estimation methods
based on measurements. We suggest to use structural testing for the exhaustive exploration of paths in a program.
Since test data generation is in general too complex to be
used in practice for most real-size programs, we propose
to generate test data for program segments only, using program clustering. Moreover, to be able to combine execution
time of program segments and to obtain the WCET of the
whole program, we advocate the use of compiler techniques
to reduce (ideally eliminate) the timing variability of program segments and to make the time of program segments
independent from one another.

1. Motivation
Computation of WCET is an important issue for hard
real-time systems. Common approaches for WCET computations deal with static analysis of program structures.
They rely on hardware models to produce execution time
estimations. Latest processors have performance increasing features like caches, branch predictors or multiple-issue
pipelines that maintain an internal state that is difficult to
predict. As a consequence, these complex hardware models are harder and harder to design [7], leading to safe but
pessimistic estimations.
An alternative approach is to use measurements on real
hardware (or a cycle accurate simulator) to obtain WCET
estimates. However, exhaustive enumeration of all program
inputs is intractable for most programs. Heuristics, like evolutionary algorithms [16], might be used to generate input
test data that may cover the worst case path of the program. While yielding realistic WCET estimations, there is
no guarantee to measure the worst case execution path of
the program. Therefore, these methods have almost been
used to increase confidence of static WCET analysis methods only [13].
On one hand, program testing may produce unsafe but
realistic results. On the other hand, static WCET analysis approaches produce safe but pessimistic WCET estimations. However, safe and tight estimations of the WCET are
highly desirable. Ideally, one would desire WCET tools that
ECRTS 2005
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produce safe and tight results without harness development
of timing models for the next generation processors.
This paper explores the issues to be addressed to design a
measurement-based method that produces safe results. We
propose to rely on structural testing [20] methods to generate input test data and to exhaustively measure the execution time of program paths. We advocate the use of
compiler techniques to reduce (ideally eliminate) the timing variability of program measurements. In Section 2, we
outline our method for WCET timing analysis and we give
some properties on hardware measurements our method relies on. Section 3 describes how the properties are met,
through the control of the unpredictability of some hardware mechanisms, and contains some preliminary results
of path measurements on a PowerPC 7450. Related work,
some concluding remarks and directions of our ongoing
work are given in Section 4.

2. Method outline
One would obtain the program’s WCET by measuring all
program executions with any of the possible input data for
this program. However, exhaustive enumeration of a program input is unfeasible for most programs. Another approach is to measure all paths of the program. This reduces
the number of measurements because a set of possible input data may activate the same program path. However, the
path coverage is impracticable for program with unbounded
loops, yielding an infinite number of paths [20].
In this paper, we propose to employ structural testing
methods [8, 18, 20] to automatically generate input data. A
key assumption we make is that the measurement of the executions of the same program path, with different data values, yields the same timing results. Meeting this assumption
requires to control the hardware: this issue is discussed in
Section 3.
Program clustering. Test data generation methods are
mostly based on equations [8] or constraint solving techniques [18]. Due to solver tools and their potentially lack of
scalability, the analysis of complete paths of the whole program could be unachievable in practice. Moreover, number
of paths could be exponential even for small program. As
a consequence, we suggest splitting paths into segments to
lower the complexity of test data generation.
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An example, the program of Figure 1 contains
paths. For small values of
(for example
), it is conceivable to exhaustively make measurements
of this code.
op

3

op
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Observation point

Time stamp

...

...

Observation interval

B

7

op

A

9

op

10

op: observation point

Table 1. Measurement trace of the path execution of the cluster .

Figure 1. Path clustering.
, it would be suitHowever, for greater values of
able to split the program and apply measurements on segments. This process is called program clustering. An intuitive solution to tackle test data generation complexity of
the code of Figure 1 is to build two clusters and . In
this configuration, there are only two paths in cluster and
a single path on cluster .
We propose to cluster the program as follows. The automated test data generation is first applied to the whole program. If it produces too many results or if it does not terminate before a limited amount of time, we stop it. We then
launch test data generation on smaller parts of the program
(e.g. sub trees of the program syntax tree). This iterative
process is repeated until segments are small enough to make
exhaustive path enumeration inside a segment tractable. We
obtain leaf cluster like .
Program measurement. We focus on the exploitation of
program measurements but we don’t address methods to obtain program execution times: there exist multiple hardware
and software methods described in [11, 14]. Observations
points provide execution traces and give the execution times
of the program units observed [11]. In our approach, we
have to place observations points at the cluster boundaries.
For example, there are four observation points
,
,
and
on Figure 1.
We first measure the two paths of cluster and we obtain values
and
cycles for instance. The worst value
is the WCET of the cluster and
is . Then,
we execute and we measure the single path of cluster .
Table 1 contains the measurement trace of this execution.
The value of
is not the WCET for the whole
program, because this execution could have covered the
shortest path of cluster . Consequently, we have to add the
and each
measured
difference between
during the execution of cluster . In this way, we obtain an
upper bound of the global WCET. Program clustering enables automated test data generation on subprogram paths
or program segments. The longer the program segments
will be, the tighter the WCET estimation will be.
In this section, we have proposed to assemble WCET
of leaves clusters using measurement. We could also investigate for hybrid approach that couples testing and static
WCET analysis. In such an approach, we should measure

program segments using testing methods and we should use
static methods to combine these context-independent segments timings.

3. Obtaining safe program segment measurements
In previous section, we have assumed that any measurements of the different executions of the same program path
gives the same results. In this section, we focus on obtaining such safe and context-independent measurements.
There are three main sources of unpredictability in complex processor architectures:
1. Global mechanisms, like caches, virtual memory translation (TLB) or branch predictors. Their internal state
and the contents of their tables have direct impact on
the execution time of future instructions of the whole
program [5, 9].
2. Variable latency instructions. Some operations, as the
integer multiplication instruction, may have variable
timing behaviour because the result should be computed faster on small valued input data operands.
Processor may partially implement some operations,
as the float division or the square root instruction. This
means that, in order to support unimplemented operations in hardware, an exception is raised and operation
should be computed by an exception handler provided
by the operating system.
3. Statistic execution interference phenomenon [12], due
to unpredictability introduced by DRAM refresh. Similarly to variable latency instructions, load/store operations to the main memory may have varying timing
behaviour. Moreover, processors have a built-in multiple level cache hierarchy, and some cache clock speeds
may be different to the clock speed of the core processor. A tiny deviation on timings may occur if a load
request is received immediately or on the next clock
cycle of the slower cache level.
Gaining control of processor unpredictability. Obtaining safe and context-independent measurements requires to
eliminate (or at least drastically decrease) the sources of
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(L1) cache, and a 256-Kbyte L2 cache. A load will take 3
cycles if the data is in the L1 cache. There is a maximum
latency of 9 processor cycles for L1 data cache miss that
hits in the L2.
For our preliminary evaluation, we evaluated the impact
of hardware control on the execution time of a program segment (SNU-RT jfdctint) made of a single path. We achieved
these experiments in isolation from asynchronous activities
by disabling operating system’s context switches and disabling external interrupts.
Figure 3 shows the timings of two sets of 25 measurements. Before each jfdctint execution measurement,
we first executed one of twenty-five pollution codes: the
program itself, random generator, load and writes of big
amount of memory, intensive control code, and some
code taken from http://www.c-lab.de/home/en/
download.html.
3000

Execution time in cycles

timing variability. For that purpose, we are currently considering a few approaches relying on hardware control and
compilation methods.
Regarding the first source of unpredictability, global
mechanisms might be disabled or we should clear their history tables before the execution of each program segment.
Cache conscious data placement [4] and cache locking [15]
reduce varying timings of memory accesses. Likewise,
static branch prediction enable to fix behaviour of speculative execution at compilation time [3].
In order to support variable latency operations, [19] proposes to add the difference between the BCET and the
WCET of all the operations of the program path. Another
approach consists in avoiding the use of these operations
and to replace them by predictable instructions.
We could forbid the varying timing behaviour of partially
unimplemented instruction by disabling the execution of the
exception handler. However, this may affect operational
semantics of instructions [10]. It should be preferable to
rewrite temporally predictable exception handler and to apply the same strategies as those applied for variable latency
operations.
It is not possible to control variability on latency of memory access. However, we feel that such a fluctuation in measurements follows a true statistical distribution. Models to
quantify pessimism to apply on results of measurements are
related in [2]. In addition, variability of load/store operations latency may be due to the input-dependent memory
accesses of the program.
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Figure 3. Measurements of jfdctint execution
times.

Figure 2. Single path program with unpredictable timings of data access.
The sample code from Figure 2 is a single path program.
Nevertheless, the number of cache misses on array depends on the contents of . To make this code temporally
deterministic, we could disable the cache feature before the
memory access to contents of [15]. We could also set the
whole array as non cachable introducing program performance penalty. In order to enhance data access latency, we
could employ data cache locking [15] or to do scratchpad
memory allocation [1] of data subject to unknown memory
access patterns.
Preliminary experiments. In order to evaluate if the timing variability of program segments can be controlled by
software, we conducted experiments on a PowerPC 7450
processor [10]. This 32-bit processor is able to dispatch 3
instructions per cycles on an in-order, seven stage pipeline.
It features two dynamic branch prediction mechanisms: a
2-bit prediction scheme with a branch target buffer, and a
return stack predictor. Our chip has a 64-Kbyte level-one

The first set of measurements are made with hardware control. After execution of the pollution code, we
have cleared branch predictor buffers, and we have flushed
caches (TLB, L1 and L2). The second set of measurements
is made without any hardware control.
We can note that the variability of program running times
is largely reduced with hardware control. We observe that
measurement variability is decreased from
cycles to
cycles. Without hardware control, the best case execution time is obtained after the execution of the program
itself (warm caches effect). The worst case execution time
is due to a pollution code that fills the entire data cache with
dirty lines. Consequently, for many data accesses of the
measured program, the processor had to update the memory with the victim cache contents before its replacement
with program data.
We have investigated the sources of variability on
measurement with hardware control.
The memory
performance-monitoring counters on the PowerPC 7450 reveal that main sources of variability, for program measurements with hardware control, are due to main memory and
L2 variable access latency.
It can be remarked that average program running times
are almost the same with or without hardware control.
There is no performance degradation on that specific experiment because we did neither deactivate the cache nor the
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branch predictor. This suggests that long program segments
can take advantage of dynamic mechanisms if history tables
or related internal states could be cleared before execution.

[5]

4. Conclusion and future work
In this paper, we have proposed to compute the WCET
from execution measurements. We advocate the use of
structural testing methods and program clustering to enable measurements of the worst case execution path. This
measurement-based approach would produce safe and tight
results.
Recently, the use of another software unit test approach
has been proposed in [17]. Model checking methods produce input data to exhaustively cover paths of automatically
generated programs from MatLab/Simulink specifications.
This approach enables to measure WCET of straight-line C
programs with no loops.
Previously, [19] has used data flow analysis to detect
single feasible path segments of the program. In their approach, only single path segments are measured, and static
WCET analysis is employed on the rest of the program. [19]
gives conditions to obtain safe measurements on processors
with cache.
Clustering techniques have been applied to static WCET
analysis methods to enhance their scalability [6]. The clustering is applied on the syntax tree of the program and the
main criterion used is a limit on the number of generated
constraints. We propose to apply a similar strategy in our
approach, our objective being to reduce the complexity of
test data generation.
Traditional static WCET analysis and measurement are
combined in [2]. There is no control of the hardware and
statistical models are applied, thus providing a probabilistic
safety on the global WCET [2]. The combination of test
data generation methods and these techniques would represent a fruitful area of study.
Our method has to control any processor features like
cache or branch prediction to reduce the unpredictability
of these advanced processors mechanisms. We plan to further study the balance between hardware control, necessary
yielding negative performance impact on execution time,
and the benefit with respect to measurements variability.
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$EVWUDFW
3UHGLFWLRQ RI :RUVW &DVH ([HFXWLRQ 7LPH :&(7  LV
PDGH LQFUHDVLQJO\ GLIILFXOW E\ WKH UHFHQW GHYHORSPHQWV LQ
PLFURSURFHVVRU DUFKLWHFWXUHV ,QVWHDG RI SUHGLFWLQJ WKH
:&(7XVLQJWHFKQLTXHVVXFKDVVWDWLFDQDO\VLVWKHHIIHFWLYH
H[HFXWLRQ WLPH FDQ EH PHDVXUHG ZKHQ WKH SURJUDP LV UXQ
RQ WKH WDUJHW DUFKLWHFWXUH RU D F\FOHDFFXUDWH VLPXODWRU
+RZHYHU H[KDXVWLYH PHDVXUHPHQWV RQ DOO SRVVLEOH LQSXW
YDOXHV DUH XVXDOO\ SURKLELWHG E\ WKH QXPEHU RI SRVVLEOH
LQSXWYDOXHV$VDILUVWVWHSWRZDUGVDVROXWLRQZHSURSRVH
SDWK WHVWLQJ XVLQJ WKH 3DWK&UDZOHU WRRO WR DXWRPDWLFDOO\
JHQHUDWH WHVW LQSXWV IRU DOO IHDVLEOH H[HFXWLRQ SDWKV LQ &
VRXUFHFRGH)RUSURJUDPVFRQWDLQLQJWRRPDQ\H[HFXWLRQ
SDWKVIRUWKLVDSSURDFKWREHIHDVLEOHZHSURSRVHWRPRGLI\
3DWK&UDZOHU¶VVWUDWHJ\LQRUGHUWRFXWGRZQRQWKHQXPEHU
RI JHQHUDWHG WHVWV ZKLOH VWLOO HQVXULQJ PHDVXUHPHQW RI WKH
SDWKZLWKWKHORQJHVWH[HFXWLRQWLPH

 ,QWURGXFWLRQ
3UHGLFWLRQ RI :RUVW &DVH ([HFXWLRQ 7LPH :&(7  LV
PDGH LQFUHDVLQJO\ GLIILFXOW E\ WKH UHFHQW GHYHORSPHQWV LQ
SURFHVVRU DUFKLWHFWXUHV >@ 7KLV LV EHFDXVH WKH H[HFXWLRQ
WLPH RI DQ LQVWUXFWLRQ LQ WKH VRXUFH FRGH KDV EHFRPH
VWURQJO\ GHSHQGHQW RQ WKH VWDWH RI WKH PDFKLQH DW WKH WLPH
WKH LQVWUXFWLRQ LV H[HFXWHG EHFDXVH HYHQWV VXFK DV GDWD
FDFKHPLVVHVDQGEDGEUDQFKSUHGLFWLRQXVHXSPDQ\PRUH
F\FOHV WKDQ LQGLYLGXDO LQVWUXFWLRQV 7KHVH HYHQWV DUH GLIIL
FXOWWRSUHGLFWE\VWDWLFDQDO\VLVRIWKHSURJUDPFRGHHVSH
FLDOO\ ZKHQ WKH SUHFLVH DUFKLWHFWXUH RI WKH SURFHVVRULVQRW
GLYXOJHG E\ WKH PDQXIDFWXUHU 0RUHRYHU VWDWLF DQDO\VHV
PXVW FRQWLQXDOO\NHHSXSZLWKWKHODWHVWDUFKLWHFWXUDOLQQR
YDWLRQV

 )LUVWVWHSWRDVROXWLRQSDWKWHVWLQJ
7KH VWUXFWXUDO WHVWLQJ ILHOG SURYLGHV D ILUVW VWHS WRZDUGV
DQ DOWHUQDWLYH WR SXUH VWDWLF DQDO\VLV 7KH IHDVLEOH
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SDWKVWUXFWXUDOWHVWFULWHULRQJXDUDQWHHVWKDWDWOHDVWRQHWHVW
FDVH LV H[HFXWHG IRU HDFK IHDVLEOH H[HFXWLRQ SDWK LQ WKH
VRXUFH FRGH RI WKH SURJUDP XQGHU WHVW 6XSSRVH WKDW WKH
ORQJHVWHIIHFWLYHH[HFXWLRQWLPHLVIRXQGIRUDWHVWVHWZKLFK
VDWLVILHV WKLV FULWHULRQ 7KLV ZLOO EH WKH :&(7 LI ZH FDQ
VXSSRVHWKDWH[HFXWLRQRIWKHVDPHSDWKLQWKHVRXUFHFRGH
VWDUWLQJ IURP WKH VDPH LQLWLDO VWDWH RI WKH PDFKLQH ZLOO DO
ZD\V JLYH WKH VDPH H[HFXWLRQ WLPH ,Q IDFW ZH QHHG WR
PDNH WKH IROORZLQJ DVVXPSWLRQV HDFK RI ZKLFK UHTXLUHV
FDUHIXODQDO\VLVWREHVXUHWKDWDVDIH:&(7LVREWDLQHG

 (DFKIHDVLEOHH[HFXWLRQSDWKLQWKHVRXUFHFRGHJLYHV
ULVH WR DW PRVW RQH IHDVLEOH H[HFXWLRQ SDWK LQ WKH EL
QDU\FRGH HYHQLILWLVQRWWKHVDPHSDWK WKLVLVWUXH
IRUPRVWFRPSLOHUVDQGRSWLRQV
 7KHH[HFXWLRQWLPHRIDIHDVLEOHH[HFXWLRQSDWKLQWKH
ELQDU\ FRGH LV WKH VDPH IRU DOO LQSXW YDOXHV ZKLFK
FDXVH WKHH[HFXWLRQRI WKLV SDWKLQIDFWWKHH[HFXWLRQ
WLPH RI VRPH LQVWUXFWLRQV VXFK DV GLYLVLRQ RU VTXDUH
URRW PD\ YDU\ IRU GLIIHUHQW YDOXHV RI LQSXW GDWD EXWLW
VKRXOGEHSRVVLEOHWRPHDVXUHWKLVYDULDWLRQDQGHLWKHU
FKRRVH LQSXW YDOXHV DFFRUGLQJO\ RU HOVH DGG DSHQDOW\
WR WKH PHDVXUHG H[HFXWLRQ WLPH IRU HDFK VXFKLQVWUXF
WLRQ LQ WKH SDWK &DFKH EHKDYLRXU PD\ DOVR FDXVHWKLV
FRQGLWLRQWREHYLRODWHGHJLIDQH[HFXWLRQSDWKFRQ
WDLQVVXFFHVVLYHUHIHUHQFHVWRHOHPHQWVRIDGDWDVWUXF
WXUHZLWKYDULDEOHLQGLFHVDQGWKHGDWDVWUXFWXUHLVODUJH
HQRXJKWRSURYRNHDFDFKHPLVVIRUVRPHYDOXHVRIWKH
LQGLFHV EXW QRW IRU RWKHUV ,QSXW YDOXHV VKRXOG WKHUH
IRUH EH FKRVHQ VR DV WR PD[LPLVH WKH GLIIHUHQFH EH
WZHHQ LQGH[ YDOXHV RI WKH VDPH GDWDVWUXFWXUHXVHGLQ
QHLJKERXULQJUHIHUHQFHV
 )RUHDFKWHVWFDVHLWLVSRVVLEOHWRVHWWKHPDFKLQHWR
VRPHZRUVWSRVVLEOHLQLWLDOVWDWHFRQFHUQLQJFDFKHEH
KDYLRXU EUDQFK SUHGLFWLRQ HWF EHIRUH UXQQLQJ WKH
WHVWLQIDFWLWLVLPSRVVLEOHWRSURYHZKLFKLQLWLDOVWDWH
LV WKH ZRUVW SRVVLEOH IRU D JLYHQ WHVW FDVHZLWKRXW GH
WDLOHG NQRZOHGJH RI WKH PLFURSURFHVVRU +RZHYHU E\
XVLQJ RXU NQRZOHGJH RI WKH WHVW FDVH EUDQFKHV DG
GUHVVHG YDULDEOHV«  DQG EURDG FKDUDFWHULVDWLRQV RI
FDFKH DQG G\QDPLF EUDQFK SUHGLFWLRQ EHKDYLRXU ZH
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FDQFRQVWUXFWDSURJUDPWREHUXQMXVWEHIRUHWKHSUR
JUDP XQGHU WHVW DQG SXW LW LQWR ZKDW VKRXOG EH WKH
ZRUVWSRVVLEOHVWDWH&DFKHDQGEUDQFKSUHGLFWLRQDOJR
ULWKPVDUHEDVHGRQSDVWEHKDYLRXUVRVXFKDSURJUDP
PLJKW DLP WR ILOO WKH FDFKHV ZLWK XVHOHVV GDWD DQG LQ
VWUXFWLRQVDQGUHSHDWHGO\UXQWKHSURJUDPXQGHUWHVWRQ
SDWKVZLWKEUDQFKHVZKLFKDUHWKHRSSRVLWHRIWKRVHLQ
WKHWHVWFDVH1RWHWKDWLQWKHFDVHRIHPEHGGHGUHDF
WLYHF\FOLFDOV\VWHPVWKHLQLWLDOVWDWHRIWKHPDFKLQHLV
RIWHQWKHVWDWHLQZKLFKLWZDVOHIWE\WKHODVWH[HFXWLRQ
RI WKH VDPH SURJUDP ,Q WKLV FDVH DOO SRVVLEOH VH
TXHQFHV RI SUHYLRXV WHVW FDVHV ZKLFKFUHDWHWKHLQLWLDO
FRQGLWLRQVIRUDJLYHQFDVHFDQEHHLWKHUUXQ LIQRWWRR
QXPHURXV  RU DQDO\VHG WR ILQG ZKLFK VHHPV WR EH WKH
ZRUVW

ILHOGV WKDW DUH UHDG RQ LQSXW RU WKH YDOXHV DFFHVVHG E\
SRLQWHU GHUHIHUHQFHV 7KLV ZK\ 3DWK&UDZOHU FXUUHQWO\ FDO
FXODWHV WKH VHW RI DOO SRVVLEOH LQSXW SDUDPHWHUV ILHOGVHOH
PHQWV GHUHIHUHQFHV HWF RI IRUPDO SDUDPHWHUV DQG JOREDO
YDULDEOHV RI WKH SURJUDP XQGHU WHVW  ZKLFK PD\ FRQWDLQ
PDQ\ HOHPHQWVZKLFKDUHQRWLQIDFWLQSXWSDUDPHWHUVDQG
WKHQDVNVIRUWKHXVHU¶VKHOSLQUHGXFLQJWKHVHW

 9DULDWLRQV LQ H[WHUQDO V\VWHP EHKDYLRXU VXFK DV EXV
DFWLYLW\ '5$0 UHIUHVK GR QRW LQIOXHQFH H[HFXWLRQ
WLPH LQ IDFW WKH PHDVXUHG WLPH PD\ KDYH WR EH
ZHLJKWHGWRDFFRXQWIRUVXFKDVSHFWV>@>@

 7KH 3DWK&UDZOHU WRRO IRU DXWRPDWLF
JHQHUDWLRQRISDWKWHVWV
:H KDYH GHYHORSHG WKH 3DWK&UDZOHU SURWRW\SH WRRO WR
DXWRPDWLFDOO\JHQHUDWHWHVWLQSXWVWRFRYHURIIHDVLEOH
H[HFXWLRQ SDWKV LQ D & SURJUDP ,W WDNHV DV LQSXWV WKH &
VRXUFHFRGHDQGDVSHFLILFDWLRQRIWKHOHJLWLPDWHLQSXWYDO
XHV 7KLV FRQVLVWV RI D OLVW RI WKH LQSXW YDULDEOHV DQG WKH
UDQJH RI YDOXHV DQG GLPHQVLRQV WKH\ PD\ KDYH DV ZHOO DV
DQ\ SUHFRQGLWLRQV WR DYRLG UXQWLPH HUURUV ,QGHHG WKH HI
IHFWLYH LQSXW SDUDPHWHUV RI D & IXQFWLRQ FDQQRW DOZD\V EH
GHGXFHGIURPLWVFRGHQRWDOORIWKHIRUPDOSDUDPHWHUVPD\
EH HIIHFWLYHO\ UHIHUHQFHG VRPH PD\ KDYH WKHLU YDOXH
FKDQJHG EXW WKHLU YDOXH RQ LQSXW PD\ QHYHU EH UHDG DQG
FRQYHUVHO\YDOXHVRIVRPHJOREDOYDULDEOHVPD\EHUHDGE\
WKHFRGH0RUHRYHULQWKHFDVHRIVWUXFWXUHGYDULDEOHVDQG
SRLQWHUV LW PD\ RQO\ EH WKH YDOXHV RI FHUWDLQ HOHPHQWV RU
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3DWK&UDZOHU DOVR VWDUWV ZLWK WKH GHIDXOW LQSXW UDQJH RI
HDFKLQSXWSDUDPHWHUJLYHQE\LWVW\SHGHFODUDWLRQ)RUH[
DPSOHLWLVVXSSRVHGWKDWHDFKLQWHJHULQSXWFRXOGWDNHDQ\
YDOXH IURP ±WR+RZHYHUWKHXVHUKDVWKHRSSRU
WXQLW\ WR UHGXFH WKHVH UDQJHV LI WKH HIIHFWLYH YDOXHV RI WKH
LQSXWVZLOODOZD\VEHPXFKPRUHUHVWULFWHG,QWKLVZD\WKH
XVHUFDQDOVRGHILQHGLIIHUHQWPRGHVRUVFHQDULRVIRUZKLFK
WKH :&(7 LV WR EH PHDVXUHG )LQDOO\ WKH SURJUDP PD\
FRQWDLQ RSHUDWLRQV ZKLFK ZLOO FDXVH D UXQWLPH HUURU LI DS
SOLHGWRFHUWDLQYDOXHV HJGLYLVLRQE\]HUR 7KHXVHUFDQ
VSHFLI\DSUHFRQGLWLRQ XVLQJDOLPLWHGIRUPRITXDQWLILFD
WLRQLQWKHFDVHRIDUUD\HOHPHQWV WRUHVWULFWLQSXWYDOXHVWR
WKRVHZKLFKDYRLGVXFKUXQWLPHHUURUVRUH[FOXGHRWKHULOOH
JLWLPDWHSURJUDPLQSXWV1RWHWKDWQRDQQRWDWLRQVRIVRXUFH
RUREMHFWFRGHDUHQHFHVVDU\7KHRXWSXWRIWKH3DWK&UDZOHU
WRRO LV D VHW RI WHVW LQSXWV ZLWK WKH H[HFXWLRQ SDWK FRYHUHG
E\HDFK
3DWK&UDZOHU LV EDVHG RQ D QRYHO DSSURDFK WR WHVW FDVH
JHQHUDWLRQZKLFKLVLOOXVWUDWHGLQ)LJXUH,WVWDUWVZLWKDQ
LQVWUXPHQWDWLRQRIWKHVRXUFHFRGHVRDVWRUHFRYHUWKHV\P
EROLFH[HFXWLRQSDWKHDFKWLPHWKDWWKHSURJUDPXQGHUWHVWLV
H[HFXWHG 7KH LQVWUXPHQWHG FRGH LV H[HFXWHG IRU WKH ILUVW
WLPHXVLQJD³WHVWFDVH´ZKLFKFDQEHDQ\VHWRILQSXWVIURP
WKH GRPDLQ RI OHJLWLPDWH YDOXHV 3DWK&UDZOHU UHFRYHUV WKH
FRUUHVSRQGLQJ V\PEROLF SDWK DQG WUDQVIRUPV LW LQWR D SDWK
SUHGLFDWH ZKLFK GHILQHV WKH ³GRPDLQ´ RI WKH SDWK FRYHUHG
E\WKHILUVWWHVWFDVHLHWKHVHWRILQSXWYDOXHVZKLFKZRXOG
FDXVHWKHVDPHSDWKWREHIROORZHG VHH)LJXUH 7KHQH[W
WHVWFDVH LV IRXQG E\ VROYLQJ WKH FRQVWUDLQWV GHILQLQJ WKH
OHJLWLPDWHLQSXWYDOXHVRXWVLGHWKHGRPDLQRIWKHSDWKZKLFK

)LJXUHWKH3DWK&UDZOHUWHVWJHQHUDWLRQSURFHVV


GHILQLWLRQGRPDLQRISURJUDP

SDWKSUHGLFDWHV
RISUHYLRXVWHVWV

GLIIHUHQFH
FRQMXQFWLRQ

GRPDLQQRW\HWFRYHUHG
FRQVWUDLQWVROYLQJ

SDWKSUHGLFDWH
LQSXWYDOXHVIRUQH[WWHVW

VRXUFHFRGH
LQVWUXPHQWDWLRQ
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RQGVRI &38 H[HFXWLRQWLPH RQD*+]3&UXQQLQJXQGHU
/LQX[
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)LJXUH,QFUHPHQWDOFRYHUDJHRIWKHLQSXWGRPDLQ

LVDOUHDG\FRYHUHG7KHLQVWUXPHQWHGFRGHLVWKHQH[HFXWHG
RQWKLVWHVWFDVHDQGVRRQXQWLODOOWKHIHDVLEOHSDWKVKDYH
EHHQFRYHUHG,Q)LJXUH6'LVWKHVHWRIOHJLWLPDWHLQSXWV
W LV WKH ILUVW WHVW FDVH JHQHUDWHG 33 LV GHILQHG E\ WKH
SUHGLFDWH RI WKH SDWK FRYHUHG E\ W 6' LV WKH GLIIHUHQFH
EHWZHHQ6'DQG33WWKHVHFRQGWHVWFDVHJHQHUDWHG33
GHILQHGE\WKHSUHGLFDWHRIWKHSDWKFRYHUHGE\WDQG6'LV
WKHGLIIHUHQFHEHWZHHQ6'DQG33
3DWK&UDZOHU FRXOG EH LPSOHPHQWHG WR WUHDW VRXUFH FRGH
LQDQ\LPSHUDWLYHSURJUDPPLQJODQJXDJH7KHFXUUHQWSUR
WRW\SH>@WUHDWVDZLGHUDQJHRI$6&,,&SURJUDPVZKLFK
PD\LQFOXGHDUUD\VDQGSRLQWHUVEXWLWFDQQRW\HWWUHDWW\SH
XQLRQVSRLQWHUVWRIXQFWLRQVDQGUHFXUVLYHIXQFWLRQV
7KHLQSXWVIRUHDFKVXFFHVVLYHWHVWFDVHDUHIRXQGXVLQJ
FRQVWUDLQW VROYLQJ WHFKQLTXHV )RU LQWHJHU %RROHDQ DQG
FKDUDFWHUYDULDEOHVFRQVWUDLQWVROYLQJLV13FRPSOHWHLQWKH
ZRUVW FDVH EXW 3DWK&UDZOHU XVHV KHXULVWLFV ZKLFK JLYH
PXFK ORZHU FRPSOH[LW\ LQ SUDFWLFH 1RWH WKDW WKLV LV WKH
FRPSOH[LW\RIWKHVHDUFK IRULQSXWVIRU DJLYHQSDWKLILWLV
IHDVLEOH RU RI WKH GHWHUPLQDWLRQ RI LWV LQIHDVLELOLW\ LI QRW
&RQVWUDLQWVROYLQJFDQGHWHUPLQHZKLFKSDWKVDUHLQIHDVLEOH
DQGVRFDQDXWRPDWLFDOO\GLVFRYHUWKHPD[LPXPQXPEHURI
LWHUDWLRQVRIDORRS E\GHWHUPLQLQJWKHLQIHDVLELOLW\RISDWKV
ZLWK WRR PDQ\ LWHUDWLRQV  7KLV LV ZK\ WKH XVHU GRHV QRW
QHHGWRSURYLGHWKHPD[LPXPQXPEHURILWHUDWLRQV
&XUUHQW FRQVWUDLQWVROYLQJ WHFKQLTXHV IRU IORDWLQJSRLQW
YDULDEOHV PRGHO WKHP XVLQJ UHDO QXPEHUV ZKLFK SRVHV WKH
SUREOHP RI SRWHQWLDO ORVV RI SUHFLVLRQ GXULQJ FRQVWUDLQW
UHVROXWLRQ $OVR FRQVWUDLQW VROYLQJ EDVHG RQ UHDO QXPEHUV
KDVDFRPSOH[LW\ ZKLFKLVXQGHFLGDEOH LQQRQOLQHDUFDVHV
+RZHYHUFXUUHQWUHVHDUFKRQFRQVWUDLQWVROYLQJIRUIORDWLQJ
SRLQW QXPEHUV SURSRVHVXVLQJDILQLWH UHSUHVHQWDWLRQLQRU
GHUWRDYRLGWKHVHSUREOHPV>@
3DWK&UDZOHU DGRSWV DQ DSSURDFK WR WHVWFDVH JHQHUDWLRQ
ZKLFK FRPELQHVVWDWLFDQGG\QDPLFDQDO\VLVVRDVWRDYRLG
WKH SUREOHPV HQFRXQWHUHG E\ RWKHU SXUHO\ VWDWLF RU G\
QDPLFDSSURDFKHVDVH[SODLQHGLQ>@7KHUHVXOWLVDYHU\
HIILFLHQWJHQHUDWLRQRIWHVWLQSXWVIRURQHH[DPSOHSURJUDP
GHVFULEHG LQ >@ WHVWVZHUHJHQHUDWHGDQG LQ
IHDVLEOH SDWK SUHIL[HV GHWHFWHG LQ DSSUR[LPDWHO\  VHF

 7KH QH[W VWHS PHDVXULQJ IHZHU H[HFXWLRQ
SDWKV
3DWK WHVWLQJ DYRLGV H[KDXVWLYH WHVWLQJ RI DOO LQSXWV EXW
VRPH SURJUDPV KDYH WRR PDQ\ IHDVLEOH H[HFXWLRQ SDWKV WR
EH DEOH WR PHDVXUH DOO RI WKHP 7KLV LV ZK\ VRPH K\EULG
DSSURDFKHV WR :&(7 SUHGLFWLRQ SURSRVHDFRPELQDWLRQ RI
GHFRPSRVLWLRQ RI WKH SURJUDP DQG PHDVXUHPHQW RI WKH HI
IHFWLYHH[HFXWLRQWLPHRIHDFKFRPSRQHQW>@>@
:HDUHH[SORULQJDGLIIHUHQWDSSURDFKZKLFKLVQRWEDVHG
RQ SDWK GHFRPSRVLWLRQ EXW LQVWHDG WDNHV DGYDQWDJH RI WKH
IDFWWKDW3DWK&UDZOHU¶VWHVWJHQHUDWLRQVWUDWHJ\FDQEHPRGL
ILHGVRDVWRGHFLGHQRWWRJHQHUDWHLQSXWVIRUFHUWDLQSDWKV
PHDQLQJWKDWWKHH[FOXGHGSDWKVZLOOQRWEHWHVWHG7KHGH
FLVLRQ FDQ EH EDVHG RQ LQIRUPDWLRQ REWDLQHG EHIRUHKDQG
HJE\VWDWLFDQDO\VLVRIWKHFRQWUROIORZJUDSK RUG\QDPL
FDOO\ HJE\DGGLWLRQDOLQVWUXPHQWDWLRQ ZKHQWKHSURJUDP
LVUXQRQWKHRWKHUWHVWFDVHV
:H ZRXOG OLNH WR XVH WKLV SRVVLELOLW\ WR GHILQH D QHZ
VWUDWHJ\ZKLFKFXWVGRZQWKHQXPEHURISDWKVIRUZKLFKWHVW
FDVHV DUH JHQHUDWHG EXW JXDUDQWHHV FRYHUDJH RI WKH SDWK
ZLWK WKH ORQJHVW H[HFXWLRQ WLPH VR WKDW WKH :&(7 LV VWLOO
VDIH7KHLGHDLVWRILUVWPRGLI\WKHVWUDWHJ\LQRUGHUWRID
YRXU HDUO\ JHQHUDWLRQ RI WHVW FDVHV FRYHULQJ WKH SDWKV ZLWK
WKH PRVW LQVWUXFWLRQV LQ WKH KRSH WKDW WKHVH ZLOO LQFOXGH
VRPHRIWKHSDWKVZLWKORQJHUH[HFXWLRQWLPHV%HIRUHJHQ
HUDWLQJD WHVW IRUHDFK QHZSDWKSUHIL[3DWK&UDZOHUZRXOG
WKHQGHWHUPLQHZKLFKSDWKVLQWKHFRQWUROIORZJUDSKFRXOG
KDYH WKLV SUHIL[ ,I DQ\ RI WKRVH SDWKV ZHUH VXUH WR KDYH D
VKRUWHUH[HFXWLRQWLPHWKDQDQDOUHDG\PHDVXUHGSDWKWKHQ
WKH\FRXOGEHH[FOXGHGIURPWHVWJHQHUDWLRQ
7KHSUREOHPLVWRLGHQWLI\WKHSDWKVZKLFKFHUWDLQO\KDYH
DVKRUWHUH[HFXWLRQWLPHWKDQDJLYHQSDWK2IFRXUVHWKLVLV
QRW DOZD\V SRVVLEOH EXW WKH FRPELQDWRULDO H[SORVLRQ LQ WKH
QXPEHURISDWKVLQDSURJUDPFDQEHSDUWO\GXHWRYHU\PL
QRUGLIIHUHQFHVEHWZHHQSDWKV(YHQLQWKHSUHVHQFHRIIHD
WXUHVVXFKDVPHPRU\FDFKHVDQGEUDQFKSUHGLFWLRQZHFDQ
VXSSRVH WKDW WKH H[HFXWLRQ WLPH RI D SDWK GHSHQGV RQ WKH
LQVWUXFWLRQV LQ WKH SDWK LQFOXGLQJ WKH YDULDEOHV UHIHUHQFHG
E\ HDFK LQVWUXFWLRQ DQG WKHLU RUGHU 7KH RUGHU RI LQVWUXF
WLRQVPD\EHPRGLILHGGXULQJFRPSLODWLRQRUH[HFXWLRQEXW
LQ VRPH FDVHV ZHVKRXOGEHDEOHWRVXSSRVHWKDWLWZLOOEH
PRGLILHG LQ WKH VDPH ZD\ IRU WKH GLIIHUHQW SDWKV ,Q WKHVH
FDVHVDSDWKZKLFKFRQWDLQVDVXEVHWRIWKHLQVWUXFWLRQVDQG
YDULDEOH UHIHUHQFHV LQ WKH VDPH RUGHU RI DQRWKHU DOUHDG\
PHDVXUHGSDWKFDQQRWKDYHPRUHPHPRU\FDFKHPLVVHVRU
EDGEUDQFKSUHGLFWLRQVWKDQWKHPHDVXUHGSDWK,WWKHUHIRUH
FDQQRWKDYHDORQJHUH[HFXWLRQWLPH
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7KHPRVWREYLRXVH[DPSOHRIWKLVLVWZRSDWKVZKLFKDUH
LGHQWLFDOH[FHSWLQWKHQXPEHURILWHUDWLRQVWKH\SHUIRUPRI
D ORRS ZLWK D YDULDEOH QXPEHU RI LWHUDWLRQV DQG ZLWK QR
EUDQFKHVLQWKHERG\RIWKHORRS1RWHWKDWWKHSDUWVRIWKH
SDWK EHIRUH DIWHU DQG LQVLGH WKH ORRS PXVW EH LGHQWLFDO ,W
VHHPV VDIH WR DVVXPH LQ WKLV FDVH WKDW WKH SDWK ZLWK IHZHU
LWHUDWLRQVKDVDVKRUWHUH[HFXWLRQWLPHWKDQWKHRWKHURQH,I
WKH H[HFXWLRQ WLPH RI WKH SDWK ZLWK PRUH LWHUDWLRQV KDV DO
UHDG\EHHQPHDVXUHGWKHQWKHUHLVQRQHHGWRJHQHUDWHDWHVW
IRUWKHRWKHUSDWK
2WKHUH[DPSOHVRIFRPPRQFRGHFRQVWUXFWLRQVZKLFKUH
VXOWLQSDWKVZKLFKDUHYHU\VLPLODUDUH
D  WKHPD[LPXPLI D!E WKHQPD[ DHOVHPD[ E
E  DOLPLWLI D!OLPLW WKHQD OLPLW
EXW QRWH WKDW LQ WKHVH FDVHV ZH PD\ QHHG WR WDNH LQWR DF
FRXQWWKHSRVVLELOLW\RIDEDGEUDQFKSUHGLFWLRQLQRQHRIWKH
SDWKVDQGQRWWKHRWKHU :HVKRXOGDOVREHDEOHWRLGHQWLI\
SDWKVZKLFKGLIIHURQO\E\LQVWUXFWLRQVZKLFKKDYHWKHVDPH
H[HFXWLRQWLPHLQWKHVDPHFRQWH[WHJ[ DEDQG[ D
±E
)XUWKHUVWXG\LVQHHGHGWRGHILQHDIXOOVHWRIFRQGLWLRQV
XQGHUZKLFKRQHSDWKKDVDVKRUWHUH[HFXWLRQWLPHWKDQDQ
RWKHU6WDWLFDQDO\VLVRIWKHFRQWUROIORZJUDSKFDQWKHQEH
XVHG WR GHWHUPLQH IRU HDFK SDWK LQ WKH JUDSK WKRVH SDWKV
ZKLFKKDYHDVKRUWHUH[HFXWLRQWLPHLHWRLPSRVHDSDUWLDO
RUGHURQWKHSDWKVLQWKHFRQWUROIORZJUDSK7KHLQVWUXPHQ
WDWLRQ DQG WKH WHVW JHQHUDWLRQ VWUDWHJ\ RI 3DWK&UDZOHU FDQ
WKHQ EH PRGLILHG WR XVH WKLV SDUWLDO RUGHU WR H[FOXGH SDWKV
IURPWHVWJHQHUDWLRQ
)RU H[DPSOH WR HOLPLQDWH SDWKV GLIIHULQJ RQO\ LQ WKH
QXPEHU RI LWHUDWLRQV RI D FHUWDLQ ORRS ZH DQQRWDWH ORRS
KHDG LQVWUXFWLRQV GXULQJ LQVWUXPHQWDWLRQ 3DWK&UDZOHU¶V
VWUDWHJ\LVILUVWPRGLILHGWRXVHWKHVHDQQRWDWLRQVWRHQVXUH
WKDWLIWKHSDWKFRYHUHGE\WKHSUHYLRXVWHVWFDVHFRQWDLQVD
ORRSZLWKDYDULDEOHQXPEHURILWHUDWLRQVWKHQWKHQH[WWHVW
JHQHUDWHG FRYHUV D SDWK ZLWK D SUHIL[ ZKLFK LQFUHDVHV WKH
QXPEHURILWHUDWLRQVRIWKLVORRS7KLVIDYRXUVHDUO\JHQHUD
WLRQRISDWKVZLWKPRUHORRSLWHUDWLRQV6HFRQGO\WKHVWUDW
HJ\H[FOXGHVIURPIXWXUHWHVWJHQHUDWLRQDOOWKHSDWKVLGHQWL
FDOWRWKHDOUHDG\JHQHUDWHGRQHVH[FHSWIRUDORZHUQXPEHU
RIORRSLWHUDWLRQV

 &RQFOXVLRQV
8VLQJ 3DWK&UDZOHU WR JHQHUDWH D WHVW VHW WR PHDVXUH
:&(7SURPLVHVWKHIROORZLQJDGYDQWDJHV
 QRQHHGIRUFRGHDQQRWDWLRQV
 PRVW$16,&SURJUDPVFDQEHWUHDWHG
 WR PHDVXUH WKH H[HFXWLRQ WLPH RI WKH ZKROH SURJUDP
RQO\WZRREVHUYDWLRQSRLQWVDUHQHFHVVDU\
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 QR QHHG WR SUHGLFW PLFURDUFKLWHFWXUDO HYHQWV VXFK DV
FDFKH PLVV SLSHOLQH VWDOO RXWRIRUGHU H[HFXWLRQ DV
ORQJ DV WKH\ DUH GHWHUPLQLVWLF IRU D JLYHQ H[HFXWLRQ
SDWKLQWKHVRXUFHFRGH
7KH IHDVLELOLW\ RI WKH DSSURDFK ZHVXJJHVWUHOLHVRQWKH
H[WHQW WR ZKLFK WKH QXPEHU RI WHVWV FDQ EH UHGXFHG XVLQJ
VLPSOH K\SRWKHVHV DERXW HJ FDFKH EHKDYLRXU DQG EUDQFK
SUHGLFWLRQ7KHVDIHW\RIWKH:&(7REWDLQHGDOVRGHSHQGV
RQ WKH YDOLGLW\ RI XVLQJ VXFK K\SRWKHVHV WR H[FOXGH SDWKV
DQG GHILQH WKH LQLWLDO VWDWH V  IRU HDFK WHVW FDVH )XUWKHU
DQDO\VLVDVZHOODVH[SHULPHQWVRQGLIIHUHQWSURJUDPH[DP
SOHVDUHQHHGHGLQRUGHUWRHYDOXDWHWKHFDWHJRULHVRISUR
JUDPRUPLFURDUFKLWHFWXUHIRUZKLFKDVXIILFLHQWQXPEHURI
SDWKV FDQ EH HOLPLQDWHG LQ OHVV WLPH WKDQ LW ZRXOG WDNH WR
JHQHUDWHWHVWVIRUWKHP WRHIIHFWLYHO\FXWWKHFRPELQDWRULDO
H[SORVLRQLQWKHQXPEHURISDWKVDQGREWDLQDVDIH:&(7

5HIHUHQFHV
>@ 3DYHO $WDQDVVRY DQG 3HWHU 3XVFKQHU ,PSDFW RI '5$0
5HIUHVKRQWKH([HFXWLRQ7LPHRI5HDO7LPH7DVNV,Q3URF
,((( ,QWHUQDWLRQDO :RUNVKRS RQ $SSOLFDWLRQ RI 5HOLDEOH
&RPSXWLQJDQG&RPPXQLFDWLRQ'HF
>@ *XLOOHP%HUQDW$QWRLQH&ROLQDQG6WHIDQ03HWWHUV:&(7
$QDO\VLV RI 3UREDELOLVWLF +DUG 5HDO7LPH 6\VWHPV ,Q 3URF
UG ,((( 5HDO7LPH 6\VWHPV 6\PSRVLXP 57662  $XV
WLQ7H[DV'HFHPEHU
>@ 5HLQKROG +HFNPDQQ 0DUF /DQJHQEDFK 6WHSKDQ 7KHVLQJ
DQG 5HLQKDUG :LOKHOP7KHLQIOXHQFHRISURFHVVRUDUFKLWHF
WXUHRQWKHGHVLJQDQGWKHUHVXOWVRI:&(7WRROV,Q3URFHHG
LQJVRIWKH,(((    
>@ 0DUNXV/LQGJUHQ+DQV+DQVVRQDQG+HQULN7KDQH8VLQJ
0HDVXUHPHQWVWR'HULYHWKH:RUVW&DVH([HFXWLRQ7LPH,Q
3URFWK,QWHUQDWLRQDO&RQIHUHQFHRQ5HDO7LPH&RPSXWLQJ
6\VWHPVDQG$SSOLFDWLRQV576&$&KHMX,VODQG6RXWK
.RUHD'HFHPEHU
>@ &0LFKHO05XHKHUDQG</HEEDK6ROYLQJ&RQVWUDLQWV
RYHU)ORDWLQJ3RLQW1XPEHUV&3¶/1&6YRO
SS6SULQJHU9HUODJ%HUOLQ
>@ 6WHIDQ03HWWHUVDQG*HRUJ)DUEHU0DNLQJ:RUVW&DVH
([HFXWLRQ7LPH$QDO\VLVIRU+DUG5HDO7LPH7DVNVRQ6WDWH
RIWKH$UW3URFHVVRUV)HDVLEOH,Q3URFWK,QWHUQDWLRQDO
&RQIHUHQFHRQ5HDO7LPH&RPSXWLQJDQG$SSOLFDWLRQV
57&6$¶'HFHPEHU
>@ -UJHQ6WRKU$OH[DQGHUYRQ%ORZDQG*HRUJ)lUEHU&RQ
WUROOLQJWKH,QIOXHQFHRI3&,'0$7UDQVIHUVRQ:RUVW&DVH
([HFXWLRQ7LPHVRI5HDO7LPH6RIWZDUH,Q3URF:&(7¶
&DWDQLD-XQH
>@ 1LFN\:LOOLDPV%UXQR0DUUH3DWULFLD0RX\DQG0XULHO
5RJHU3DWK&UDZOHU$XWRPDWLFJHQHUDWLRQRISDWKWHVWVE\
FRPELQLQJVWDWLFDQGG\QDPLFDQDO\VLV,Q3URF('&&
$SULO%XGDSHVW
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Abstract
2
This paper presents how the timing analyser aiT is used for
computing the Worst-Case Execution Time (WCET) of two
safety-critical avionics programs. The aiT tool has been developed by AbsInt GmbH as a static analyser based on Abstract
Interpretation

1

Introduction

In the field of safety-critical avionics applications, verifying
that a program exhibits the required functional behavior is not
enough. Indeed, it must also be checked that its timing constraints are satisfied. Generally these constraints are expressed
in terms of the Worst Case Execution Times (WCETs) of
program tasks.
The WCET of a program (or piece of a program, like a routine, a task, etc) is the maximum of the execution times of all
program runs. Unfortunately, finding the program run that leads
to the WCET is impossible for real-life programs. What is
achievable is computing an upper bound of the WCET, i.e., a
time greater than the real but incomputable WCET. In that case,
the WCET bound is said to be sound, and the less it is away
from the real WCET – from above – the better it is. A good
method for estimating the WCET of a program must be sound
and precise, i.e. yield tight results, with the ability to demonstrate both properties.
For the most safety-critical avionics programs, a pure
measurement-based method is not acceptable, especially if the
dynamic structure of the program was not made as deterministic
as possible, by design.
This paper will show how it became almost impossible to
compute the WCET of two safety-critical avionics programs by
Airbus’ traditional method, due to the complexity of the modern
processor they execute on (sections 2 and 3). Section 4 presents
AbsInt’s aiT for PowerPC MPC755, a tool that computes the
WCET of a program by analyzing its binary file. Section 5 describes how aiT is currently used for computing the WCET of
the two avionics programs we take as examples along the paper.
Finally, section 6 mentions future work and concludes.Instructions
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A challenging hardware

Sometime ago, processors behaved in a very deterministic
way. The latency of an instruction was a constant, i.e., it did not
depend on what happened before the execution of that instruction. This was the case for internal instructions (add, mul, or,
etc.) as well as for those that access external devices like memory or IO. In order to increase their average computation power,
modern processors are endowed with accelerating mechanisms
causing variable execution times of instructions. Hence, the
duration of an instruction depends on what was executed before
it. This “effect of history” can be very deep and without logical
correlation to the instruction it affects. One example of such a
mechanism is the cache. Indeed, depending on the execution
path leading to, say, a load instruction, the memory line containing the data to be loaded may already be in the data cache
(HIT), or not, be it that it was not yet loaded (MISS) or already
removed (MISS due to replacement). There are many other accelerating mechanisms like out-of-order execution, branch prediction, speculative accesses, “superscalarity”, duplication of
processing units (e.g., two Integer Units), Store Buffers, pipelining of addresses, etc.
The board on which the analysed programs execute is made of a
PowerPC MPC755, SDRAM, and IO peripherals connected to a
PCI bus. The MPC755 is a “modern” processor in the sense that
it employs the kind of accelerating mechanisms mentioned
above. SDRAM is also modern because of the sort of cache
associated to each bank of memory: The SDRAM page containing the most recently accessed memory address is kept “open”,
allowing for faster access in the future. The chipset making
these components “talk” to each other is modern as well, since,
for instance, it optimizes accesses to SDRAM by buffering
certain kinds of writes or by taking profit of the address pipelining mechanism of the MPC755.
As if this was not enough, the refresh of the SDRAM and the
so-called Host Controller (connected to the PCI bus) steal cycles from the processor asynchronously.
3

A traditional method very hard to apply now

Before the new method based on aiT for PowerPC MPC755
was introduced, Airbus used some “traditional” method for
computing the WCETs of previous generations of the two avionics programs. This method was a mix of measurement and

Proceedings of the 5th Intl Workshop on Worst-Case Execution Time (WCET) Analysis

intellectual analysis. Let’s briefly describe how it worked for
each of the two programs.
First avionics program. Basically, the way the WCET is obtained takes profit of the structure of the program, which is
produced by an automatic code generator taking a graphical
specification (SCADE) as input. The generated program almost
entirely consists of instances (or routine calls to) a rather limited set of small snippets like logical and comparison operators
(multiple input AND, OR, Level Detector), arithmetical operators (ADD, MUL, ABS, etc), digital filtering operators, etc. The
small size of these basic components makes it possible to measure their WCETs, as long as the initial execution environment
for each measurement is the worst possible with respect to execution time. One must also notice that the generated program is
very linear since all conditionals and loops occur in the small
snippets, thus being very local. The program being made of
instances of (or calls to) code snippets, the WCETs of which are
available after the measurement campaign, a simple formula
(more or less a sum) is applied for inferring the whole WCET,
knowing that each (instance of a) code snippet is executed once
and only once.
Second avionics program. The second program also consists,
for the main part, of basic processing units, each based on a
small number of patterns. The size and limited execution paths
inside these patterns make it also possible to measure their
WCETs in the same conditions as for the first program. But the
main difference to the first program is that the basic units form
the implementations of some abstract machine instructions collected in an instruction table (also called configuration table).
The execution of the program is driven by a high-level loop,
reading instructions and parameters from the configuration
table, and then calling the appropriate basic processing units
implementing the instructions. Each basic processing unit being
called multiple times, the resulting WCET is the sum of the
basic WCETs of the instructions present in the configuration
table.
The traditional approach is correct with “deterministic
processors”. As stated in section 1, the computed WCET must
be sound, i.e., an upper bound of the real WCET, and tight, i.e.,
not too far from the real WCET. With processors having no – or
few – history-based accelerating mechanisms, both criteria are
met without too much difficulty since finding the worst possible
initial environment for the measurement of the WCET of each
snippet and producing a – non-formal – demonstration that the
computed WCET is an upper bound of the real WCET is accessible to a human being, and the overestimation is acceptable.
Modern processors. But even for such deterministic programs,
the legacy methods are no more applicable when using hardware components like the ones mentioned in section 2. The first
reason is that it is a lot harder to find the worst possible initial
environment for measuring the WCETs of the small snippets,
and also to get sure that combining these WCETs for computing
the WCET of the entire program is safe. The second reason is
that even if we could solve the first difficulty (worst initial environment and safe combination), the resulting WCET would be
too much overestimated for being useful. Both reasons originate
from the history-dependent execution time of each instruction
that makes it impossible to deduce a good global WCET from
any local measurements or computations.

3.1

Asynchronous extra time (SDRAM refresh and Host
Controller (for Input/outputs) activity). When measuring the
WCET of the small snippets the whole program is made of,
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only the effect of SDRAM refreshes is measured. It is therefore
not possible to infer a WCET of the program that encompasses
the effect of the Host controller

4

aiT for PowerPC MPC755

AbsInt's aiT tools form a family of WCET tools for different processors, including PowerPC MPC755. aiT tools get as
input an executable, an .ais file containing user annotations, an
.aip file containing a description of the (external) memories and
buses (i.e. a list of memory areas with minimal and maximal
access times), and a task (identified by a start address). A task
denotes a sequentially executed piece of code (no threads, no
parallelism, and no waiting for external events). The names of
the various input files and other basic parameters are bundled in
a project file (.apf file) that can be loaded into a graphical user
interface (GUI).
All instances of aiT determine the WCET of a task in several phases: CFG building decodes, i.e. identifies instructions,
and reconstructs the control-flow graph (CFG) from a binary
program. User annotations may help aiT in identifying the targets of computed calls and branches. Value analysis computes
value ranges for registers and address ranges for instructions
accessing memory. Loop bound analysis determines upper
bounds for the number of iterations of simple loops. Such upper
bounds are necessary to obtain a WCET. Loop bounds that
cannot be determined automatically must be provided by user
annotations. Cache analysis classifies certain memory references as cache hits. Pipeline analysis predicts the behavior of
the program on the processor pipeline and so obtains the
WCETs of the basic blocks. Path analysis determines a worstcase execution path of the program.
Value analysis is based on an abstract interpretation of the
operations of the analyzed task, taking into account variable
values specified by the user (e.g. to restrict the analysis to a
certain operation mode of the analyzed software). The results of
value analysis are used to determine loop bounds, to predict the
addresses of data accesses and to find infeasible paths caused
by conditions that always evaluate to true or always evaluate to
false. Knowledge of the addresses of data accesses is important
for cache analysis. Value analysis usually works so good that
only a few indirect accesses cannot be determined exactly. Address ranges for the remaining accesses can be provided by user
annotations.
Cache Analysis uses the results of value analysis to predict
the behavior of the (data) cache. The results of cache analysis
are used within pipeline analysis allowing the prediction of
pipeline stalls due to cache misses. The combined results of the
cache and pipeline analyses are the basis for computing the
execution times of program paths. Separating WCET determination into several phases makes it possible to use different
methods tailored to the subtasks. Value analysis, cache analysis,
and pipeline analysis are done by abstract interpretation. Integer
linear programming is used for path analysis.

5

WCET computation with aiT for PowerPC MPC755

First avionics program. We first present some more details
about the structure of the program. It consists of 24 uninterruptible tasks that are activated one-by-one by a real time clock in
a fixed schedule: task 1 to task 24, then task 1 again, and so on
until the electrical power of the aircraft is switched off. This
time-triggered scheduling method requires that the WCET of
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each task must be less than the period of the real-time clock.
The call graph of each task is basically organized in three layers. The first layer contains 4 calls to so-called sequencers,
which for each task are selected from a list of 38 possibilities.
These sequencers allow for the activation of pieces of code at
different rates, i.e., 1 over 2 ticks, 4 ticks, 8 ticks or 24 ticks.
Still in this highest layer, some system routines are called before and after the four sequencer calls. The second layer consists of the routines containing the actual operation code composed of “calls” to code macros, which form the basic components referred to in section 3. The third layer consists of the
input/output routines called by some of the basic components
present in the second layer.
As described in section 4, aiT requires some global parameter
settings in the graphical user interface, in a project file (.apf
file), or in a parameter file (.aip file), and user annotations in an
annotation file (.ais file). Global parameters are quite basic and
mainly describe the hardware, so let us concentrate on the work
involved in writing the annotations. As described in section 4,
annotations are mandatory when value analysis fails to find the
iteration bound of some loop or the computed address range for
an external access (load or store) is too imprecise. We now
present the annotations required in the analysis of the first avionics program. As stated above, its functional code consists of
operators implemented as macros and a few input/output and
“system” routines.
Annotations in operators:

x

x

cos(x) and sin(x): The values of these functions are extracted from some table. The index into this table is computed from the floating-point number x given as argument.
As aiT does not “cover” floating-point calculus, its safe reaction is not to compute any bounds for the value of the index. Hence the address range of the table lookup is unknown. This range, which is in fact a function of the size of
the table, is provided by a user annotation.
delay family (4 operators): These operators are called once
in the course of each task to store a value into some array.
They also update a static variable containing an index to
this array. Since the periodic updates of the index are triggered by the real time clock and not by a loop inside the
code, aiT cannot compute the range of addresses for this
index. Thus an annotation has to be provided.

If the basic operators were implemented as routines, the number of annotations as described above would have been very
limited and, thus, affordable easily. Yet the operators are implemented as code macros. Consequently, what would be a
single annotation in case of a routine splits into as many annotations as there are instances of the macro in the code, which is
quite huge.
An automatic generator of annotations. For solving this industrial problem, it was decided to use the same technique for
annotating as for the coding itself, namely automatic generation. Indeed, an automatic generator of annotations has been
implemented that reads a generic description of an annotation in
a given macro (basic operator) and produces the actual instances of this annotation for all occurrences of the macro in the
binary.
Annotations in I/O or “system” routines:
x Communication drivers (USB, AFDX): a few pointers involved in the data exchanges via these communication
channels are too dynamic for being computed by aiT auto-

Page 23 of 49

matically. The relevant address ranges must be provided
via annotations.
x
Loops: Annotations are required for a small number
of loops whose iteration bounds cannot be determined by aiT.
The second avionics program is also based on uninterruptible tasks activated by a real time clock. The tasks must complete in the allowed time to guarantee proper functioning of the
program. Each task consists of a high-level loop that reads a list
of operation codes with parameters from a configuration table,
and for each operation code, calls the basic blocks implementing the operation. These basic blocks are highly dependent on
parameterisations provided by the configuration table. The
parameterisations influence the timing behaviour because they
may induce specific processing or affect loop bounds and addresses of external accesses.
Therefore, it is of first importance for aiT to keep track of
these parameters as they are copied from the configuration table
to temporary variables and registers. In the first place, the configuration table has to be recognized by aiT. The configuration
table is located in a specific area of a binary file. aiT supports
an annotation saying that a data area in the analyzed binary is
“read-only” so that the values found there can be used by value
analysis. However, in the program considered here, this constant area is provided as a separate binary because the configuration tables are separate loadable parts. Since aiT can analyse
only single binaries, the binary with the configuration table (this
is Mbytes of data) is translated into .ais file annotations specifying the contents of the table. As the same basic blocks are called
multiple times in one task activation, either directly from the
main loop, or because they are low-level shared services, some
instruction cache hits can be guaranteed. However these cache
hits depend on the ordering of the operation codes in the configuration table and cannot be taken into account by the standalone basic block WCET measurements of Airbus’ “traditional”
approach (simple sum of basic block execution times). Hence
this method cannot take advantage of the improvements of
modern processors, and thus cannot provide WCET results
compatible with the allowed execution time.
The major part of the factors affecting the WCET (conditions, loop bounds, pointers, etc) is found automatically by aiT,
either by code inspection or from the annotations describing the
configuration table. Yet some factors are outside aiT’s knowledge and capacities, and annotations have to be provided to
bound the analysis and achieve a result. These factors are lower
and upper bounds on input data, static data from previous task
activations, or data provided by devices outside of processor
knowledge (DMA for example). For these, maximum loop iterations, values read from memory, branch exclusions, etc, have
to be specified to aiT.
There are 256 different configuration tables, corresponding
to different tasks of the same computer, and of different computers in the aircraft. One objective of the separation of software in configuration tables (lists of operation codes with parameters) and the code for interpreting these tables is to shorten
(in terms of delay between specification and deliveries) the
development and validation cycles for the software. This objective requires an automatic computation of the WCET without
direct human involvement.
WCET determination for the combination of the interpreter
code with each of the 256 configuration tables consists of determining the longest execution path in a quite complex piece of
code. These WCET analyses are to be performed in a period of
time compatible with the industrial constraints associated with
the short development cycle. This however is possible due to
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the fact that the analyses for the 256 tables are independent
from each other and can be performed in parallel on many computers.
6

Considerations about the results

The WCETs of the two programs are not yet publishable for
general confidentiality reasons; the authors apologize for that
and hope the reader will understand.
Nevertheless some considerations about the results and how
they were obtained are presented in this section.
First avionics program. This program has a very linear structure and limited sources of jitters (in number and amplitude).
This allows for valid comparisons between the figures obtained
by measurement during real executions of the tasks and those
produced by using aiT. The comparison shows that the WCET
of a task typically is about 25% higher than the measured time
for the same task, the real but non-calculable WCET being in
between.
Another comparison is worth to mention: the one between aiT’s
results and those of Airbus’ “traditional” method. As predicted
when the decision for using aiT was made, the figures obtained
by the traditional approach are a lot higher than those produced
by the aiT-based method. Actually the overestimation is such
that the “traditional” figures are useless.
Second avionics program. Despite the fact that this program
has not a linear structure and contains a great number of loops
and branches, the sources of jitter are limited. Most of the loop
and branch conditions can be evaluated knowing the configuration table. There are still more sources of jitter than in the first
program, but comparisons between the figures obtained by
measurement of real executions and results produced by aiT are
still possible. The WCETs computed by aiT are about 50%
higher than the corresponding measured execution times. These
higher margins can be explained (at least in part) by the difficulties to set up an environment for running the task that is sufficiently close to the environment leading to the real WCET.
More importantly, the WCETs computed by aiT are much
lower than the results from the “traditional” method and are
compatible with the program’s timing constraints.
Status with respect to some general acceptance criteria.
x Soundness: First of all, aiT was developed in the framework of Abstract Interpretation [2], which is very good for
the soundness of the underlying principles. The soundness
of the actual implementation of the tool, as used on the real
avionics programs, cannot be assessed formally. The way
of getting confident in the tool and its method of use is the
Validation/Qualification process sketched in section 7.
x Ease of use: Users, i.e., normal engineers, always worked
with aiT in an autonomous way. Furthermore, they were
able to develop utilities for making aiT easier to use in the
industrial context, like the automatic generator of annotations (see section 5).
x Resource needs: The WCET computations for the second
avionics program (the most demanding one) take an average of 12 hours (on a 3+ Ghz Pentium 4) per task (there are
256 tasks). But this workload is dispatched on many computers and is not a real problem. The main concern is about
the space requirement that is, for some analyzed tasks,
close to the current 3 Gbytes limit of the 32-bit architecture. To address this point, a migration to the 64-bit architecture is under investigation.

7
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future work

Validation. By this term the authors mean “getting a high level
of confidence” in the results produced by aiT as used on the
avionics programs referred to in this paper. Although some data
collected during the first industrial usage of aiT are already
available for validation, most of the work is still do be done. It
will have four basic objectives: soundness of the underlying
principles (a), correctness of the models (b), soundness of the
method of use (c), and validity of the results (d).
(a) and (b): most of the analyses performed by aiT (see section
3) have theoretical principles (models and sometimes
proofs) precisely described in theses or scientific papers.
Some effort has already been spent in reading this documentation. This process will carry on together with some
checking against hardware manuals, e.g., the PowerPC
MPC755 manual [3].
(c): the objective here is mainly to check that the annotations
(loop bounds, register contents at certain program points,
etc) do not make aiT compute an unsafe WCET.
(d): the very detailed results produced by aiT make it possible
to perform useful and automated checks. An example of
such checks is whether real execution traces (got via a
logic analyzer) belong to the set of those computed by aiT.
Qualification. This term comes from DO178B. In the case of
aiT, it is about the qualification of a verification tool. Current
practices consider that the qualification is twofold: in-service
history and qualification tests. Both items of the qualification
will be built from the outputs of the validation process. Also,
one should notice that the qualification of a tool is per avionics
program the tool is used on.
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Abstract
Static Worst-Case Execution Time (WCET) analysis is currently taking a step from research to industrial use. We present a summary of three case studies
where static WCET analysis has been used to analyse
production code for embedded real-time systems. The
primary purpose has not been to test the accuracy of
the obtained WCET estimates, but rather to investigate the practical and methodological diﬃculties that
arise when applying current WCET analysis methods
to these particular kind of systems.
In particular, we have been interested in how laborintensive the analysis becomes, for instance by estimating the eﬀorts to study the analysed code in detail, and
measuring the number of manual annotations necessary
to perform the analysis. From these observations, we
draw some conclusions about what would be needed to
turn static WCET analysis into a useful tool for embedded and real-time systems software development.

1

Introduction

To give timing guarantees for embedded and realtime systems, a key parameter is the worst-case execution time (WCET) of the executing tasks. Until
now, the common method (if any) in industry to derive WCET values has been by measurements. A wide
variety of measurement tools are employed in industry, including emulators, logic analyzers, oscilloscopes,
and software proﬁling tools [14]. This is labor-intensive
and error-prone work, and even worse, it is diﬃcult to
guarantee that the WCET has been found.
Static WCET analysis is an alternative method to
determine the WCET of a program, relying on mathematical models of the software and hardware involved.
The analysis avoids the need to run the program by
considering the eﬀects of all possible inputs, including
possible system states, together with the program’s interaction with the hardware. Given that the models
ECRTS 2005
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are correct, the analysis will derive a timing estimate
that is safe, that is greater than or equal to the actual
WCET. The static WCET analysis research community has developed a number of prototype tools during the last couple of years, for example SWEET [18]
and Heptane [10]. Recently also commercial WCET
tools, such as aiT from AbsInt GmbH, Germany [1] and
Bound-T from Tidorum, Finland [3], have appeared.
In this paper, we present experiences from three case
studies where WCET analysis tools have been used.
In the two ﬁrst case studies, we analysed time-critical
parts in a real-time operating system (Sections 3, 4).
The third case study targeted code controlling automotive data communication (Section 5). We also report
from two on-going case studies (Section 6).
All of these case studies have been performed as
MSc theses works. The students can spend about ﬁve
months on their work, and they are no experts on the
code at the beginning. This means that these results
can be seen as typical for WCET analysis made by
an well-educated but external person; the work should
probably have taken less time if an expert or the programmer had performed it.
We believe that doing case studies, with careful evaluations, provides valuable input both for WCET research and WCET tool development. Our hypothesis
is that the studied software is representative for a large
class of industrial embedded real-time code, making
our results applicable to similar systems.
There are only a few other case studies of using
WCET analysis in practice known to us; reporting on
the use of Heptane [6], aiT [15], and Bound-T [11].
To make static WCET analysis industrially useful,
it is desirable to automate the process on a “one-clickanalysis” basis. Consequently, one of the main topics
has been to investigate how labour-intense practical
WCET analysis actually becomes.
We were also interested in the characteristics of the
obtained WCET values. Most scheduling theories assume that each task has a single ﬁxed WCET, and we
wanted to ﬁnd out whether this assumption is valid in
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We identiﬁed 612 DI regions in the Delta OSE kernel. Most of these were very simple. We selected ten
DI regions that were potentially challenging for WCET
analysis for a closer investigation. These regions had
a more complex control structure than the others, and
several contained loops. To ﬁnd upper loop iteration
bounds sometimes posed a problem, since no automatic
loop bound analysis was available, and it was hard to
deduce loop bounds manually from the code.

real industrial settings.
The rest of the paper is organized as follows. In
Section 2, we present the used tools. In Section 3, we
describe a case study with our own research prototype,
SWEET (SWEdish Execution time Tool). Sections 4
and 5 describe two case studies where we used aiT to
analyse commercial code. Section 6 presents two ongoing case studies. In Section 7 we draw some conclusions, and in Section 8, we point out further research.

2

Tools Used
Experiences and conclusions. A lot of eﬀort was
used to identify DI regions and construct their control ﬂow graphs. The tools developed to do this had
some shortcomings. Even with these problems, there
are some interesting conclusions we can draw:

SWEET is a prototype WCET tool developed at
Uppsala and Mälardalen University [18]. SWEET consists of three main parts; a ﬂow analysis which detects program ﬂow constraints, a low-level analysis,
and a ﬁnal WCET calculation. The ﬂow analysis
part of SWEET analyses intermediate code produced
by a research compiler. Our current focus is to develop automatic ﬂow analysis methods, such as abstract interpretation-based methods [9].

• The problem of deﬁning upper loop iteration bounds
depends on the special type of code analysed here.
Operating systems are often run in certain modes
which may aﬀect loop bounds, and therefore the
WCET is typically mode-dependent. One would
thus like to have diﬀerent, tight WCET bounds for
diﬀerent modes, rather than a single WCET bound
valid for all modes.
• The usefulness of analyses such as WCET analysis
grows fast with the level of automation. In our experiment, even simple means of automation made a
huge diﬀerence in the amount of engineering work.

The aiT tool is a commercial WCET analysis tool
from AbsInt GmbH [1]. In contrast to SWEET, aiT
does not rely on any speciﬁc compiler, but analyses executable binaries, with support for a number of target
architectures. The tool also includes an automatic loop
bound analysis, which can catch simple cases.

3
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Case Study 1: Using SWEET to Find
Time Bounds For DI Regions

4

This case study was performed with the low-level
and calculation parts of an earlier version of SWEET.
The purpose was to ﬁnd upper bounds of the execution
time for a number of Disable Interrupts (DI) regions in
the delta kernel (ARM9 version) of the Enea OSE operating system [7]. The OSE operating system is a
real-time operating system used in embedded applications, for example in mobile phones and aircrafts. The
case study is described in closer detail in [4].
Having short DI regions is important, since the execution of these regions can potentially delay any other
activity in the system. The goal of the study was to
investigate if WCET analysis could provide a feasible
way to bound the execution times of the DI regions at
a reasonable cost.
The study was done in the following steps:

Case Study 2: Using aiT to Find
Time Bounds For Time Critical Code

The Enea OSE operating system for the ARM processor was studied also here. Some of the tools developed in the ﬁrst case study were re-used in this case
study. 180 of the previous DI regions were analysed,
as well as four system calls. In this study, we used the
aiT tool [1]. This commercial tool has a richer set of
processor timing models, and a better user interface,
than our prototype tool. The case study is described
in closer detail in [13].
The aiT ARM7 tool analyses executables. This information is, however, often not suﬃcient to yield a
good WCET bound for the analyzed code. In particular, information about program ﬂow, such as bounds
to loop iteration counts not caught by the loop bounds
analysis, and knowledge of infeasible paths, has to be
provided by the user. Therefore, aiT supports a set
of user annotations to provide external information to
the analysis [8]. Some of the more important annotations are: loop bounds, maximal recursion depth, dead
code, and (static) values of conditions.

1. The DI regions was extracted from the binaries.
2. The control ﬂow graph for these regions was constructed.
3. The WCET tool was used to calculate upper
bounds for the WCET of each region.
2
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MC9S12DP256 from Motorola, which includes a 16-bit
Star12 CPU of the MC68HC12 family.
Results from analysis of nine diﬀerent LIN API functions were presented. We were able to obtain WCET
values for all analyzed functions. However, these values
were often not a constant single value, but depended
on some system parameters. Also, all functions needed
manual annotations to be analysed. The number of
annotations ranged between 6 and 14 for functions of
sizes between 2 kb and 14 kb.

Experiences and conclusions. We soon discovered
that the execution time of the system calls depended on
many parameters. A global WCET bound, valid for all
possible parameter values, could become very poor for
for actual conﬁgurations and standard running modes.
We dealt with this problem in our experiments by
assuming some “typical” scenarios for parameters affecting the WCET (after correspondance with the OSE
designers). We also excluded uninteresting execution
paths from the analysis by manual annotations.
We made the following observations:
• A signiﬁcant amount of annotations were required
for each system call; for the analysed routines of
sizes between 78 and 143 instructions, the number
of annotations were between 10 and 33.
• Another observation is that excluding the error
handling code in the OSE system calls yielded signiﬁcantly smaller code to analyze.
• Many loops in the OSE kernel depends on dynamic
data structures. This had the consequence that the
aiT loop bound analysis did not perform well for
these loops.
• Providing upper bounds manually for these loops
required a deep understanding of the code. Consequently, the analysis was quite labor-consuming,
even if the analyzed code was small. Also, the analysis relied on information from the OSE designers.
We conclude that the usefulness of WCET analysis
would improve with a higher level of automation and
support from the tool. Especially, it would be important be to develop advanced ﬂow analysis methods,
that could ﬁnd complex loop bounds automatically.
Another important conclusion made is that absolute
WCET bounds are not always appropriate for real-time
operating system code. The reason is, as mentioned,
that the WCET often depends on dynamic system parameters. An absolute WCET bound, covering all possible situations, will provide a gross overapproximation.

5
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Experiences and conclusions. As for the OSE
code, the WCET for the studied LIN functions often
depends on some speciﬁc system conﬁguration parameters and modes. Similarly, a single WCET bound valid
for all parameter values would provide a very poor estimate in most situations. A mode- and input-sensitive
WCET analysis would obtain a better resource utilization and provide better understanding of the system’s
timing characteristics.
For many parts of the LIN API it was possible
to manually create parametrical WCET formulas. It
seems interesting to develop methods to automatically
derive these parametrical formulas.
Much work was required to set annotations manually. To do this required an understanding of the meaning of the code.
There is a need for ways to automate the analysis.
For example, better ﬂow analysis methods would be
useful to avoid manual calculation of loop bounds.
After discussions with the VCT employees it turned
out that not only the WCET, but also the jitter of a
piece of code, is of large interest. (The jitter is the
largest execution time variation a function can experience, that is the diﬀerence between the best-case execution time (BCET) and the WCET.)

6

Case Study 3: Using aiT for TimeCritical Parts of Automotive Code

On-going work

We are currently performing two case studies which
are summarized below.

This case study targeted automotive code, namely
the Volcano Tool Suite for design and implementation
of in-vehicle communication over CAN and/or LIN networks. The company Volcano Communications Technologies AB (VCT) [16] provides tools for embedded
network systems, principally used within the car industry. The Volcano LIN Target package (LTP) was selected as a suitable part of the Volcano LIN tool suite
to analyse. The work is described in closer detail in
[12].
The microcontroller used in this study was a

Comparison of Diﬀerent Methodologies for Obtaining WCET Values. Two MSc students are currently studying real-time embedded systems code from
CC-Systems [5], using aiT for the Inﬁneon C167 processor. CC-Systems develops embedded software and
hardware for welding machinery, as well as for trucks,
ships, trains and other vehicles. This case study will
compare the diﬀerent methodologies for obtaining timing values, that is static analysis and measurementbased methods.
3
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grateful to the ENEA, CC-Systems, Volcano, Volvo
CE, and Arcticus companies for their support.

Evaluation of static WCET Analysis Methods
for Time-Critical Real-Time Embedded Code.
We have also just started a new case study at Volvo
Construction Equipment (Volvo CE) [17]. Volvo CE
uses the Rubus real-time operating system from Arcticus [2] in their embedded, time-critical systems for
trucks and other vehicles. The target processor will
be Inﬁneon C167 and (if possible) Inﬁneon XC161.
The precision of the WCET analysis will be evaluated
against the measurements which are performed regularly by Volvo CE.
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Abstract
To reach a more widespread use, WCET analysis tools
need to be a standard part in the education of embedded
systems developers. Many real-time courses in academia
use Lego Mindstorms, an off-the-shelf kit of Lego bricks
for building and controlling small prototype robots. We
describe work on porting the Bound-T WCET analysis
tool to the Lego Mindstorms microprocessor; the Renesas
H8/3292. We believe that this work will make students, and
indirectly the industry of tomorrow, aware of the benefits of
WCET analysis tools.
We also present the real-time laboratory framework in
which this WCET analysis tool will be used. The framework has been developed with schedulability and timing
predictability in mind, and is already used in a number of
real-time courses given at Mälardalen University in Sweden. The developed WCET tool and the real-time laboratory framework will be freely available for academic use.

1

Introduction

Today, tools for static Worst-Case Execution Time
(WCET) analysis, such as Bound-T [4] and aiT [1], are
starting to be used in embedded system development and
timing verification [9, 10, 14, 15, 18]. We believe that such
tools have a potential to be part of the embedded real-time
developer’s tool chest, in the same way as profilers, hardware emulators, compilers, and source-code debuggers already are today. By providing easier verification of timing behavior they should provide improvements in product
quality and safety, as well as reduced development time.
Unfortunately, too few embedded system developers are
yet aware of WCET analysis tools and the functionality they
• This research has been supported by the Advanced Software Technology Center (ASTEC) in Uppsala [2]. ASTEC is a Vinnova (Swedish
Agency for Innovation Systems) initiative [19].
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offer. This article describes an attempt to improve this situation. We are currently porting an existing WCET analysis tool, Bound-T, to the Renesas H8/3292 microprocessor.
This microprocessor is used in Lego Mindstorms [11], an
off-the-shelf kit of Lego bricks for building and controlling
small prototype robots. This kit is used in many real-time
courses in academia. Thereby static WCET analysis could
be regularly used in the education of the embedded system
developers of tomorrow.
However, for achieving system predictability and to
make best use of calculated WCET estimates, the complete
system needs to be developed with timing predictability in
mind. To make students aware of this fact, the developed
WCET analysis tool will be used in a real-time laboratory
framework targeting such system predictability. This framework is already used in a number of real-time courses given
at Mälardalen University in Sweden. It consists of a small
real-time micro-kernel and an operating system called Asterix [16], a configuration tool called Obelix, and a GNU
GCC cross-compiler for the H8/3292.
Both the WCET analysis tool and the real-time laboratory framework will be freely available for academic use.
This should provide a valuable foundation for teaching students how to construct better and safer real-time systems.

2

WCET Analysis for Mindstorms

Lego Mindstorms is an off-the-shelf kit of Lego bricks
for building and controlling small prototype robots. The
simplicity in the design of Lego Mindstorms makes it suitable for educational purposes in ages from 12 years and up.
Out of the box, the Mindstorms kit is not considered to be
a platform for real-time systems. However, the set of Lego
bricks includes sensors and actuators such as pressure sensors, a light sensor and small motors, i.e., the fundamental
necessities for real-time systems. Also, the sparse hardware
resources and few interfaces for hardware access places the
Mindstorms construction in the embedded system category.
The RCX, illustrated in Figure 1, is the processing unit
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Figure 2. The Bound-T WCET analysis tool
level analysis is sufficient for the H8/300, it has a fairly
powerful high-level analysis, and its modular structure let
us divide the porting work between the WCET analysis
group at Mälardalen University and the company behind
Bound-T, Tidorum Ltd [4].

2.2
Figure 1. The Lego Mindstorms RCX unit
of Lego Mindstorms. The RCX is based on the single-chip
H8/3292 [8], a RISC microcomputer running at 16 MHz. It
features a H8/300 CPU core and a complement of on-chip
supporting modules. The H8/3292 has 16 kBytes of readonly memory (ROM) and 512 bytes of on-chip randomaccess memory (RAM) and an additional 16 kBytes of external RAM in a separate circuit. The ROM includes several functions for reading of sensors, controlling the motors,
display segments and numbers on a LCD-display. Located
on-chip are one 16-bit timer, two 8-bit timers, a watchdogtimer, a serial communication interface and an 8-channel
10-bit analog-digital converter. The RCX also contains an
IR-transceiver, useful for downloading programs and for
communicating with other RCX units.

2.1

H8/300 Hardware Timing

Instructions in the H8/300 architecture generally have
a fixed execution time, the exception being the EEPMOV
instruction that copies a block of data in memory. There
is no cache (at least not on-chip) and no visible pipeline.
The fastest instructions take two clock cycles; for example
an ADD.B or ADD.W executed from the on-chip memory
using register operands. Complex instructions that access
external memory may have execution times of 20 or more
cycles, depending on the length of the instruction, the addressing mode, the data width and the memory areas that
are accessed. The time does not depend on execution history. Two instructions, MOVFPE and MOVTPE, synchronize
with the ”peripheral” clock and have somewhat variable execution time.
The simple instruction timing means that the high-level
flow-path analysis becomes the main problem in WCET
analysis for Lego Mindstorms. We chose the Bound-T
WCET tool [4] as the basis for our work because its low-

The Bound-T WCET Analysis Tool

Bound-T, see Figure 2, performs WCET analysis from
machine code (binary, linked executables). To find loop
bounds Bound-T models the computations and branch conditions with Presburger arithmetic. Bound-T examines the
model to find loop-counter variables and computes a bound
on loop iterations from the counter’s initial value, its final
value implied by the exit condition, and its change (step) in
the loop body.
Loop bounds can be context-sensitive, i.e., dependent on
the call-path. The Presburger model is used also to resolve
dynamic jumps, for example from switch/case statements,
and to compute stack usage bounds. The worst-case path is
found with implicit path enumeration (IPET).
Bound-T is implemented as a single Ada program with a
strict division into modules specific to the target processor
(e.g., instruction decoding) and modules independent of the
target processor (e.g., analysis of loop bounds). For Presburger analysis Bound-T uses the Omega Calculator [13].
For IPET the lp solve program [3] is used. Control-flow and
call graphs can be emitted in DOT form [6]. The automatic
loop analysis can be supported or replaced by user assertions in a separate input file (not as source annotations).
Target processors supported by Bound-T include Intel
8051 [9], SPARC V7 (in its ERC32 implementation) and
Analog Devices 21020 DSP [10]. Ports to ATMEL AVR
and ARM7 are under way.

2.3

Porting Bound-T to the H8/300

Bound-T is based on an internal model of the target program as a set of control-flow graphs (one for each subprogram) connected into a call-graph. The flow-graph nodes
have attributes for the execution time and the arithmetic
(computational) effect of the node. The structure of the
program model is independent of the target processor but
the model is parameterized by target-specific types and operations that are defined in target-specific Ada packages.
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SYSTEMMODE = NORMAL;
RAM = 512000;
MODE mode_1 {
RESOLUTION = 1000;
HARD_TASK ht_1 {
ACTIVATOR = 100; //period time
OFFSET
= 0;
DEADLINE
= 50;
PRIORITY
= 10;
STACK
= 50;
ROUTINE
= ht_1_routine;
ARGUMENTS = "1, 2, 3";
ERR_ROUTINE= ht_1_err_routine;};
HARD_TASK ht_2 {
ACTIVATOR = 50; //period time
OFFSET
= 0;
DEADLINE
= 20;
PRIORITY
= 20;
STACK
= 50;
ROUTINE
= ht_2_routine;};
SOFT_TASK st_1 {
ACTIVATOR = sig_1; //trigger
OFFSET
= 0;
DEADLINE
= 10;
PRIORITY
= 10;
STACK
= 50;
ROUTINE
= st_1_routine;};
SIGNAL sig_1 {
USER
= ht_1;
USER
= st_1;};
SEMAPHORE sem_1 {
USER
= ht_1;
USER
= ht_2;};
};

(b) Example configuration
New
component

Bound-T
WCET bounds for
tasks and OS services
(a) Real-time laboratory framework

#include <os_kern.h>
#include <sys_spec.h>
void ht_1_routine(void *ignore)
{
getSemaphore( sem_1 );
outputLCD( counter1 );
counter1++;
releaseSemaphore( sem_1 );
if( counter1 > 30 ){
getSemaphore( sem_1 );
counter2 = 0;
releaseSemaphore( sem_1 );
}
}

(c) Example task code

Figure 3. The real-time laboratory framework
To port Bound-T to a new target processor, one must
implement these target-specific types and operations. The
main operation is the one that decodes instructions and inserts them in the program model. This operation is given
the address of an instruction and must ”fetch” the binary instruction from the program’s memory image (a COFF file
from GCC in our case), decode the instruction to find out
the instruction type and the operands, and call Bound-T operations that create new nodes and edges in the control-flow
graph.
The porting of the H8/300 to Bound-T took about five
months and was performed by the first author, Samuel Petersson, as an MSc project in his computer science studies [12]. The instruction decoding process was divided into
two steps: first from the binary instruction to an ”abstract”
instruction, and then from the abstract instruction to the
Bound-T model. The abstract instruction is a model of the
H8/300 architecture built from Ada types. This model depends only on the H8/300, not on Bound-T.
The decoding from binary instructions to abstract instructions included a lot of processor manual reading. It
was a considerable job because there are 57 different instructions which can execute in eight different addressing
modes. Furthermore, no instructions allow all the addressing modes.
The next step was the conversion of abstract instructions
to the Bound-T model. This included creation of flow-graph
nodes with timing information and arithmetic effects of the
included instructions. The decoding process expands the
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(abstract) EEPMOV instruction into three flow-graph nodes
that model the block-copy loop. Bound-T’s usual loopbound analysis applies here. For the MOVFPE and MOVTPE
instructions we assume the worst-case execution time.
The first version of Bound-T for the H8/300 supports the
H8/3297 chip series (which includes the 3292). Tidorum
plans to support other H8/300 chips and perhaps other members of the H8 family such as the 32-bit H8/300H processor.

3

Mindstorms in RT Systems Education

The Bound-T tool will be used in a real-time laboratory
framework, see Figure 3(a), developed at Mälardalen University. The framework replaces the software architecture
and programming environment that are delivered together
with the Lego Mindstorms kit. It consists of a small realtime micro-kernel and operating system called Asterix [16],
a configuration tool called Obelix, and a GNU GCC crosscompiler for the H8/3292.

3.1

Asterix - the Real-Time Kernel

The Asterix real-time kernel handles execution strategies
ranging from strictly statically scheduled systems via fixed
priority scheduled systems to event-triggered systems, or
any combination of these. To fulfill the needs for embedded
systems we have minimized the kernel and the application
memory footprints.
A built-in monitoring function facilitates the use of stateof-the-art testing and debugging tools like deterministic
testing, replay debugging, and visualization [17]. The kernel also provides on-line facilities for measuring execution times (via testing). For every system reconfiguration
the kernel must be recompiled, leading to an efficient usage of memory and other limited resources. Task properties (e.g., deadline, priority, offset) are defined outside the
source code in an Obelix configuration file.

3.2

Obelix - the System Configuration Tool

The Obelix system configuration tool allows static offline definition of system resource demands. The demands are set in a configuration file separated from the
source code, clearly separating the system functionality
from the system configuration and requirements. Furthermore, Obelix allows cleaner source code in the sense that
no special tags and system calls are needed for initialisation and system set up. This gives the possibility of moving
the code to the target development environment after testing
without modifications.
The configuration files include descriptions of all necessary resource requirements as well as configuration information for e.g., the task schedule, synchronization of tasks,
inter-task communication and inter-node communication.
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In addition, the configuration files contain all necessary information of task attributes and time resolution. Examples
of a configuration file and implemented task functionality
are depicted in Figure 3(b) and Figure 3(c) respectively.

3.3

The Real-Time System Student Assignments

On a yearly basis, the laboratory framework is used
in two real-time courses (a regular course and a distance
course) given at Mälardalen University. For each course,
two student assignments are given: a preparatory assignment and a robot project. Because of the straightforward
programming (basic C-programming) the preparatory assignments are easily done in a few hours, giving the programming knowledge required for the subsequent robot
project. Since the start approximately 500 students have
performed 200 robot projects using Lego Mindstorms and
Asterix.
Due to the separation of functionality and configuration
in the Asterix framework, the students may implement their
application in a late stage, and focus more on the theoretical
aspects of designing a robust real-time system (e.g., timing analysis, scheduling, etc.). Furthermore, the simplicity of configuring and programming leaves room for proper
software design. However, students have previously experienced difficulties to estimate proper execution times by
measurements. By instead using Bound-T for this purpose,
we believe that the students will be able to derive more accurate timing bounds.
In order to perform response-time analysis and to derive
overall system timing guarantees the students need WCET
bounds both for tasks and for OS services. To simplify the
assignment, WCET bounds for all OS calls will be derived
beforehand, and presented in an off-line table. However, the
students will be required to use Bound-T to derive WCET
bounds for their own robot application task code.

4

Conclusions, Related and Future Work

We have described work on porting the Bound-T WCET
analysis tool to the Lego Mindstorms and the H8/3292 microprocessor. The tool will initially be used in assignments
in real-time systems courses given at Mälardalen University. This should allow students to get familiar with WCET
analysis and should provide valuable feedback on the functionality required for WCET tools to be applicable in realtime system development. The developed WCET tool and
the real-time laboratory framework will be freely available
for academia and under license for industry.
An alternative OS for Lego Mindstorms, and the developed WCET analysis tool, is BrickOS from Sourceforge [5]. BrickOS supports preemptive multitasking, dynamic memory management, POSIX semaphores, as well
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as native to display, buttons, IR communication, motors and
sensors. However, compared to Asterix, BrickOS is not a
hard real-time OS, making it more difficult to provide overall system timing guarantees.
The H8/300 has previously been ported to the Heptane
WCET tool [7] and the BrickOS. However, we have not
seen any reports on using the tool in education.
Future work includes a systematic validation of the developed Bound-T H8/300 timing model using measurement
tools such as oscilloscopes and logic analyzers. This will
minimize the possibility of implementation faults and verify that the timing given in the H8/300 processor manual [8]
actually corresponds to the real hardware timing.
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Abstract
Predicting timing behavior is key to efficient embedded real-time system design and verification. Current approaches to determine end-to-end latencies in parallel heterogeneous architectures focus on performance analysis either on task or system level. Especially memory accesses,
basic operations of embedded application, cannot be accurately captured on a single level alone: While task level
methods simplify system behavior, system level methods
simplify task behavior. Both perspectives lead to overly pessimistic estimations.
To tackle these complex interactions we integrate task
and system level analysis. Each analysis level is provided
with the necessary data to allow precise computations,
while adequate abstraction prevents high time complexity.

1 Introduction
Memory is a critical bottleneck in embedded systems,
as the gap between processor speed and memory access
time is increasing. Current chip designs use hierarchical
memory architectures with caches, multi-threading and coprocessors to reduce memory latency time. Embedded applications often require real time constraints, but performance verification of complex systems is a challenge.
State-of-the-art in industrial practice is using functional
test and simulation. Simulation times are often too long for
a complete code coverage, which would need exponential
time. Therefore, only critical paths are tested, and safe timing bounds cannot be given.
Formal analysis is an alternative. With simplified assumptions the analysis complexity is reduced and safe upper and lower performance bounds are calculated. One
such assumption is a constant memory latency, even though
it is influenced by the memory hierarchy, bus arbitration,
and buffer sizes as well as the background memory latency.
Static analysis approaches for single tasks assume constant
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memory access time, such as [5]. The behavior of caches
has been studied as well [5] [3] [8], but these approaches
assume a constant cache miss penalty. A small overestimation of memory access time will lead to a high overestimation for worst case execution time of single tasks.
This overestimated task execution time is used for
higher level system analysis for resource scheduling or for
throughput estimation of heterogeneous multi-processor architectures. Such analyses have been proposed by [7] [6].
Compositional performance analysis methodologies combine local techniques on the system level by connecting
their input and output event streams according to the overall
application and communication structure [4] [1].
Crowley and Baer propose in [2] an analysis for multithreaded processors. They identify parallelism in the execution of individual threads on a processor and use special
nodes with a negative execution time to model the gain of
multithreading.
While task level methods simplify system behavior, system level methods simplify task behavior. Both perspectives lead to overly pessimistic estimations, one reason for
the marginal influence of formal methods in industrial system design. To tackle these complex interactions task level
and system level analysis are integrated. Each analysis level
is provided with the necessary data to allow precise computations, while adequate abstraction prevents state space.
The paper is structured as follows. Section 2 describes
the problem statement and Section 3 reviews previous work.
Section 4 describes the integrated task and system level
analysis approach. Finally, we conclude in Section 6.

2 Problem Statement
A simple multi-processor architecture is given in Fig 1.
Two processors are connected by a shared bus with memory and a co-processor. For example, suppose that on CPU1
runs a heat control application. A sensor on CPU2 periodically transmits temperature values, which are saved in
the shared memory. The application on CPU1 checks this
value but also loads its instructions and other data from this
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memory device. The heat control is managed by the coprocessor, which is triggered by the application on CPU1 .
CPU1

CPU2

BUS

Co-Proc.

Memory

Figure 1. Multi-processor design example.
This simple setup already shows the analysis complexities: Memory traffic by the CPU1 and CPU2 uses a shared
bus. The memory access time depends on the system state,
including bus state, buffers and memory state. We will call
a memory or co-processor request latency of a resource as
transaction latency in this paper. This denotes the endto-end latency, including the time for requesting the data,
transmission over the bus, processing on the remote component and transmission to its source.
The objective is to compute the worst case execution
time (WCET) of a task, e.g. the heat control on CPU1 , while
analyzing transaction times on system level.

3 Previous Work
3.1

Single Task Analysis

The timing analysis of tasks is separated in two stages:
program path analysis and micro-architecuture modeling.
Program path analysis is used to determine the path which
is executed in the worst case. To derive all the possible program paths the program is transformed into a control-flow
graph. Based on this control-flow graph the worst case path
which starts at the beginning node and ends at an terminating node of the control-flow graph is determined.
Micro-architectural modeling is understood as the timing
analysis of sequences of instructions. Li and Malik [5] integrate program path analysis and micro-architecture modeling to analyze the worst case execution time of tasks under the influence of instruction caches. They use an Integer
Linear Programm (ILP) to avoid an explicit enumeration of
all program paths. The micro-architectural model is used
to derive execution-time of individual basic-blocks and the
ILP is used to find the path through the control-flow graph
which maximizes the execution time spent. In [8] means are
proposed for identifying infeasible paths in the program and
the timing analysis is based on single-feasible-paths instead
of basic-blocks.
In this paper we use this analysis framework, called
SymTA/P, to transform a program into its control flow graph

Page 34 of 49

and to compute the WCET by solving the ILP. We assume
that the execution time of single-feasible paths are given including micro-architectural influences. SymTA/P assumes
that a conservative memory access time, either as cache
miss penalty or general memory access time, must be specified a priori. A more precise estimation of the worst case
memory access time should rather be done at system level,
where timing properties of all other components are available.

3.2

System Level Analysis

In SymTA/S [4] a compositional performance analysis
methodology is proposed which integrates different local
scheduling analysis techniques through event stream propagation. The local techniques are composed on the system
level by connecting their input and output event streams according to the application and communication structure. Instead of considering each event individually, as simulation
does, the formal scheduling analysis abstracts from individual events to event streams. The analysis requires only a few
simple characteristics of event streams, such as an event period, a maximum jitter and minimum distance. From these
parameters, the analysis systematically derives worst case
scheduling scenarios.
One way to extend the compositional analysis to memory
accesses would be to model each access as an event. However, this would require splitting the task into many smaller
atomic tasks and it would lead to a complex task description.

4 Integrated Analysis Approach
Our approach integrates the single task analysis and
global system analysis. Fig. 2 shows the workflow of the
integrated analysis. The global system analysis consists of
tasks and event streams. A task i consumes tokens from an
input event stream, Eiin and produces tokens for the output
event stream Eiout . The event streams are connected to tasks
according to the overall application.
Memory access are modeled with additional communication between task and system level. The task requests
a number of memory transactions, Tmem from the system
level (dashed arrow). The memory request is propagated
via a system path. Based on the event model of the remaining tasks, the end-to-end latency of this request L(Tmem )
is computed by the system level analysis. This latency is
used by the task level analysis to compute the worst case
response time (WCRT), which finally determines its output
event model Eiout . All tasks of the system which share event
streams on this path, or which are directly affected by the
memory access, have to be re-analyzed in the next iteration
loop. The analysis will stop when a fixed point is found.
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Figure 2. Workflow of integrated analysis.

This abstract modeling allows several compositional implementations. From task level only the memory requests
need to be specified. This means any task level analysis
which can determine the memory access patterns can be
used here. In the next section we describe in detail how we
extend our single task analysis. In Section 4.2 we present
an extension to our system level analysis, which implements
this general framework.

4.1

Extension of Single Task Analysis

Worst case execution time analysis is based on the
control-flow graph (CFG) of an application. To include
compiler optimizations, the assembly code is parsed and the
corresponding CFG is constructed. At this stage we assume
that the core execution time has been computed. For each
basic block (or single-feasible pathes) the number of memory accesses is extracted. For example, if a basic block i
requests three 32 byte memory blocks, then the transaction
request is Tmem (bi ) = (32, 32, 32). For each basic block such
a request is generated. In the second step all requests are
collected and propagated to the system level analysis where
the transaction latency L(Tmem (bi )) considering the system
state is computed. This is described in Section 4.2.
The worst case execution time is computed by solving
the ILP, which is constructed from the control flow graph.
The general ILP consists of an objective function and several structural and functional constrains. Structural constrains represent possible control flow and functional constraints describe loop bounds or denote infeasible pathes.
The sum-of-basic blocks, as proposed by Li and Malik [5]
is given by the following objective function: max ∑ni=1 ci · xi
where ci denotes the core execution time of basic block i,
n the maximum number of basic blocks of the task and xi
the execution count of basic block i. We extend the objec-
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tive function to max ∑ni=1 (ci + L(Tmem (bi ))) · xi to include
the memory access time of Tmem (bi ) memory access during
the basic block. Further below we omit bi and use only the
term Tmem for simplicity reasons. The ILP is then solved to
find the longest execution path in the program.

4.2

System-Level Analysis of Transaction
Latency

The basic SymTA/S model of [4] is composed of tasks
and event streams. In the following we show how to extend
the SymtTA/S framework to compute L(Tmem ). A transaction starts at some task τi and is transmitted via a chain of
intermediate tasks and ends at the same task τi . The total
latency of this transaction is denoted by L(Tmem ).
A request Tmem has to be translated into some event
stream, which SymTA/S supports. An event stream is a
tuple E = {P , J , dmin }, where P denotes the period, J the
jitter and dmin the minimum distance between two events.
Given these parameters, the system level analysis calculates
the worst case response time R(E) for this event stream E
along the chain considering every other event stream of the
system, which relates to this chain. In this paper we assume
that the transactions of other ressources are given and are
independent of system behavior. From the response time
R(E) the response time of the transaction L(Tmem ) is calculated. First, we give a translation for single transactions. In
a second step we translate multiple transactions.
4.2.1 Single Transaction
The idea for a single transaction, such as Tmem = {32}, is
to restrict an event stream to a single event by choosing
a period greater than the jitter. If the period were smaller
then the jitter the second event of the event stream could arrive together with the first one. We define the event stream
E for a single transaction by P = J  , J = 0 and dmin = 0.
The minimum distance is zero because this parameter is not
used. The jitter is set to zero, to exclude any future events.
As period we choose a large number, e.g. J  . If the jitter
along the chain, J max , is larger than the initially assumed
J  , the period will be adjusted to J max + 1 and the system
analysis is called for a second time.
4.2.2 Multiple Transaction
Multiple events, such as Tmem = {32, 32, 32}, are modeled
as a burst, this means all requests are issued at the same
time instant. As period P we start with a great value, J  .
The jitter is set to P · (|Tmem | − 1) to guarantee that exactly
|Tmem | events arrive together. Future events will be excluded
if the period is greater than the total jitter J max on the chain.
Unfortunately, J max is only available after the first system
level analysis iteration. So possibly a second iteration is
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necessary. We define E for multiple transactions by P = J  ,
J = P · (|Tmem | − 1) and dmin = 1.
We assume a minimum distance of one instruction to be
conservative. In the future we will analyze the minimum
distance between memory accesses within basic blocks to
increase analysis precision. We also restrict each event to
request the same amount of data for simplicity reasons. For
instruction caches this is not a limitation, since entire cache
lines are requested.
Now the system analysis can compute the response time
R(E) for single and multiple events. In case of single
events this is equal to the response time of the transaction
L(Tmem ) = R(E). In the case of multiple events the R(E)
denotes the response time of that event, which possesses
the worst case response time among all events of this event
stream. This includes latencies of previous events. Because
it is unknown which event caused the worst case response
time, we have to assume that it is the last one. Therefore
L(Tmem ) = (|Tmem | − 1) · dmin + R(E)

(1)

The first term denotes the time until the last event is activated. This completes the description of system chain
analysis. All tasks belonging to this chain need to be reanalyzed, since their input event model might have changed
due to the transaction.

5 Experiments
We applied the analysis to the architecture as shown in
Fig. 1. For comparison, we use a simulation environment
for a network processor and an isolated approach, where
every transaction is assumed to take the maximum time observed during the simulation.
Eight applications are executed on CPU1 . For simplicity we provided some background traffic for CPU2 and the
the Co-processor. Figure 3 compares the worst case response times for constant memory access time (isolated),
the WCRT of the analysis described in this paper (integrated) and the maximum WCRT observed in simulation.
The analysis provides a significantly reduced WCRT
compared to constant memory access times. As simulation
cannot provide the worst case scenario we cannot evaluate
the accuracy using simulation.

6 Conclusions and Future Work
In this paper we have integrated a static timing analysis on task level and a schedulability analysis on system
level. Current approaches focus only on one level which
assume a constant delay for each memory access. In this
approach several memory transactions within a basic block
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Figure 3. Experiment for WCRT analysis.

are grouped together. In a second step, the total access time
of these transactions is determined by system level schedulability analysis. The experiment shows that the analysis
precision increases significantly compared to the isolated
approach.
Future research includes to consider the type and size
of a memory transaction as well as as a greater minimum
distance of memory accesses beyond basic blocks.

References
[1] S. Chakraborty, S. Künzli, and L. Thiele. A general framework for analysing system properties in platform-based embedded system designs. In Design, Automation, and Test in
Europe, Munich, Germany, March 2003.
[2] P. Crowley and J.-L. Baer. Worst-case execution time estimation for hardware-assisted multithreaded processors. In The
Second Workshop on Network Processors, Anaheim, California, USA, Feb. 2003.
[3] C. Ferdinand and R. Wilhelm. Efficient and precise cache
behavior prediction for real-time systems. Real-Time Systems,
1999.
[4] M. Jersak, K. Richter, and R. Ernst. Performance analysis
for complex embedded applications. International Journal of
Embedded Systems, Special Issue on Codesign for SoC, 2004.
[5] S. Malik and Y.-T. S. Li. Performance Analysis of Real-Time
Embedded Software. Kluwer Academic Publishers, 1999.
[6] T. Pop, P. Eles, and Z. Peng. Holistic scheduling and analysis
of mixed time/event-triggered distributed embedded systems.
In CODES, Eates Park, Colorado, USA, May 2002.
[7] K. Tindell, A. Burns, and A. Wellings. An extendible approach for analysing fixed priority hard real-time systems.
Journal of Real-Time Systems, 6(2):133–152, March 1994.
[8] F. Wolf, J. Staschulat, and R. Ernst. Hybrid cache analysis
in running time verification of embedded software. Design
Automation for Embedded Systems, 7(3):271–295, Oct 2002.

Proceedings of the 5th Intl Workshop on Worst-Case Execution Time (WCET) Analysis

Page 37 of 49

Efficient Analysis of Pipeline Models for WCET Computation
Stephan Wilhelm
AbsInt GmbH and Saarland University
Saarbrücken, Germany
sw@absint.com

Abstract
Worst-case execution time (WCET) prediction for modern CPU’s cannot make local assumptions about the impact of input information on the global worst-case because
of the existence of timing anomalies. Therefore, static analyses on the hardware level must consider a large subset of
the reachable states of the underlying hardware model. As
the number of states grows, WCET prediction can become
infeasible because of the increase in computation time and
memory consumption. This paper presents a solution for
this problem by defining the static analysis of processor
pipelines for WCET computation in terms of operations on
binary decision diagrams (BDD’s).

1. Introduction
Finding the worst-case execution time (WCET) for all
tasks of a software is an important requirement in the design
of hard real-time systems. Because the execution time depends on the underlying processor hardware, WCET computation requires a detailed analysis of the hardware behavior for the analyzed task. For CPU’s using modern techniques for reducing the average execution time, such as
caches, pipelined execution, branch prediction, speculative
execution, and out-of-order execution, the WCET cannot be
obtained by measurements because it is usually not possible
to determine the worst-case inputs manually.
A proven approach for obtaining tight upper bounds of
the WCET has been presented in [8]. It employs several semantics-based static program analyses on the assembly level control flow graph (CFG) of the input program.
First, the value analysis computes the address ranges for
instructions accessing memory. In a second step, an integrated cache- and pipeline-analysis predicts the cache behavior [7] and the behavior of the program on the processor pipeline [13]. The result of the pipeline analysis is the
WCET for each basic block from which a subsequent path
analysis [12] computes the global worst-case path.
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Pipeline analysis computes sets of pipeline states that
can occur at any point in the program. Imprecisions in its input information, arising from unknown memory accesses or
unknown cache behavior (may be cache hit or miss), cause
situations where the pipeline analysis must consider several possible successor states for each incoming pipeline
state. Unfortunately, it has been proven that for CPU’s,
using modern techniques for reducing the average execution time, it is not possible to decide locally which element
from the input set triggers the global worst-case behavior.
E. g. a cache hit might contribute to the global worst-case.
Such cases have been termed timing anomalies [9]. Because of the presence of timing anomalies, pipeline analysis must consider all possible successor states. For complex
pipelines with large state spaces, the analysis can become
infeasible because of the increase in memory consumption
and computation time [13]. This problem is known as state
explosion and it is also a well known phenomenon in the
area of model checking. The use of ordered binary decision diagrams (OBDD’s) [4] for symbolic set operations has
significantly reduced the state explosion problem for model
checking and the size of systems that have been successfully
verified by model checking has increased ever since [5].
The key idea of this paper is to define pipeline analysis
in terms of BDD 1 operations, similar to symbolic model
checking. It can be expected, that this will reduce runtime
and memory consumption of pipeline analyses, making the
analysis of complex pipelines feasible, even for large programs.

2. Finite state machines
Processor pipelines can be regarded as finite state machines (FSM’s) and pipeline analysis can be defined as
a computation on sets of states of the FSM for the analyzed pipeline. The efficiency of the presented approach for
pipeline analysis relies on the BDD-based representation of
FSM’s which is introduced in this section.
1 The

terms BDD and OBDD are used interchangeably in this text.
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Definition 1 A Finite State Machine (FSM) M is a triple,
(Q, I, T ), where Q is the set of states, I is the set of input
values, and T = (Q × I × Q) is the transition relation.

reg [0:3] cycles;
reg [0:1] instr;
reg [0:1] delay;

Each set of FSM states A ⊆ Q can be associated to its
characteristic function A : Q → {0, 1}; A(x) = 1 ⇔
x ∈ A. In the same way, the transition relation T can
be associated to the function T : Q × I × Q → {0, 1};
T(x, i, y) = 1 ⇔ (x, i, y) ∈ T . It is common practice
to represent FSM state sets and the FSM transition relation
by their characteristic functions encoded as BDD’s. This
representation has the advantage of compactly representing
a large number of commonly encountered functions. Useful operations such as negation, conjunction and existential
quantification can be efficiently performed using BDD’s.
A hardware design consists of a set of interconnected
latches and gates. A design with n latches and m input wires is characterized by an associated FSM with state
space Q = {0, 1}n and input space I = {0, 1}m . The transition relation is defined by the corresponding logic. For
such models, the variables of BDD’s for encoding the characteristic functions of states sets represent the latches of the
design.

initial cycles = 0;
initial instr = 0;
initial delay = 0;

Definition 2 Given a FSM (Q, I, T ) and a set of states A ⊆
Q. The image of A, Img(A) ⊆ Q, is the set of states that is
reachable from A under T .
Image computation is the core operation of symbolic
model checking algorithms [10]. Section 4 shows that it
can also be used for dataflow analysis of pipeline models.
Image computation can become infeasible for large designs if the transition relation is given as a single BDD [3]
but there are efficient algorithms for image computation that
avoid building the monolithic transition relation by exploiting the fact that the FSM transition relation can be factored
into the transition relations of the involved latches [10].
This technique is known as conjunctive partitioning of the
transition relation.

3. Specifying pipeline models
Hardware description languages like VHDL or Verilog
have been designed for writing concise descriptions of hardware designs in terms of latches and update logic. It has
been shown that such specifications can be compiled into
(timed) finite state machines [6]. The VIS system for model
checking and synthesis of hardware designs supports a substantial subset of Verilog extended by an expression for
specifying non-deterministic behavior. Specifications in
Verilog are compiled using the vl2mv compiler and the resulting description of the system as a finite automaton can
be used for CTL modelchecking and reachability analysis [11].
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always @(clk_first) begin
if (cycles == 7)
cycles = 0;
else
cycles = cycles + 1;
end
always @(clk_second) begin
if (delay == 0)
delay = get_delay();
else
delay = delay - 1;
end
always @(clk_third) begin
if (delay == 0)
instr = get_next_instr();
end

Figure 1. Example Verilog code for simple
FSM.

Low-level HDL specifications, including detailed models of pipeline states and the corresponding logic, are readily available for many CPU’s and can be compiled into finite automata by vl2mv. The resulting automata are often
too large for most kinds of analyses but the problem can
be overcome by applying suitable abstractions to the original description. Automatic abstraction from HDL models is
a field of ongoing research [2]. HDL’s also support behavioral descriptions of hardware which can be used to describe
the (timing) behavior of a design as specified by the manual. Such descriptions are usually more compact and the
resulting automata are smaller.

Figure 1 shows an example of Verilog code for a FSM
with a two bit delay counter. Note that the declaration
reg[k:l] denotes a set of (l − k) + 1 variables of
the FSM state with value 0 or 1. Let us assume that
this FSM is a simplified pipeline model 2 . It has an
instruction pointer, instr, for 3 instructions and a delay counter, delay, that is initialized with the delay for
2 Although the FSM of figure 1 is not a pipeline model, it is sufficient for
illustrating the principles of the presented approach for pipeline analysis.
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instruction
0
1
2

delay
1
2
{0,1}

Table 1. Example program input for analyzing
the model from figure 1.

each instruction. The cycle counter counts execution cycles of basic blocks with at most 7 cycles. Execution of
one cycle is done in three steps, indicated by the signals
clk first, clk second and clk third. Whenever
the delay counter reaches 0 and the signal clk second
is active, a new value for delay is read using the function get delay(). Similarly, the new value for instr
is obtained from the function get next instr() when
delay is 0 and the signal clk third is active.
When generating a FSM for this description, the input functions are modeled as non-deterministic transitions.
Thus, image computation for a state where delay is 0 will
yield the 3 possible successor states where delay takes the
values 0, 1 or 2.

4. Pipeline analysis
Given a hardware model by an FSM, pipeline analysis
performs a fixed point iteration on the domain P (Q) of
pipeline states. The least fixed point (LFP) is the solution
to the data flow problem containing all FSM states that are
reachable for a given program point and also containing the
WCET state. Note that the FSM state comprises a counter
for execution cycles of basic blocks (the number of execution cycles per basic block is clearly finite). The WCET for
each basic block B is found by selecting the state with the
highest value for the execution cycle counter from all states
where the last instruction belonging to B has finished.

4.1. Transfer functions
The transfer functions for pipeline analysis compute the
next states for each FSM transition in all current states. In
general, this is an image computation with the restriction
that program analysis is only interested in the set of reachable states under the concrete inputs of the program. Image
computation as defined in section 2 determines the set of
reachable states for all possible inputs. Let A0 be the set
of initial states of the FSM (Q, I, T ). Then, the following
fixed point calculation computes the set of reachable FSM
states:
Ak+1 = Ak ∪ Img(Ak )
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The problem of encoding concrete inputs of the analyzed
program can be solved by constructing BDD’s for the states
where inputs are read and BDD’s for the concrete inputs
themselves. Remember that the BDD variables for a hardware design are the latches of the design. Let · denote the
conjunction of BDD variables and ¬ is the negation of a
variable. For the example of figure 1, the state where the delay for instruction 1 is read by the function get delay()
can be encoded as follows:
J1 = instr<0> · ¬instr<1> · ¬delay<0>·
¬delay<1> · clk second
This is the state where the instruction pointer is 1, the value
of the delay counter is 0 and the signal clk second is
active. Table 1 specifies that the delay for instruction 1 is 2.
This concrete input can be encoded as follows:
C1 = ¬delay<0> · delay<1>
The BDD’s J1 and C1 can be regarded as the characteristic
functions of the state sets J1 and C1 where the variables
have the values encoded in the BDD’s. For a set Ak of FSM
states, the next states for the concrete input at this program
point are then computed by the following formula:
Ak+1,1 = (Img(Ak ∩ J1 )) ∩ C1
For n concrete inputs, the next states for the set of states
where no concrete input information is required is calculated as follows:

Ak+1,− = Img(Ak \
Jl )
0≤l≤n

Finally, the fixed point iteration for pipeline analysis under
n concrete input informations from the input program can
be computed as:

Ak+1 = (
Ak+1,l ) ∪ Ak+1,−
0≤l≤n

Please note that imprecise input information can also easily
be encoded as a BDD. E. g. the delay information for instruction 2 in Table 1 is either 0 or 1. The BDD for this input is simply C2 = ¬delay<1>. The sequence in which
instructions are analyzed is also an input to the model of
figure 1. This input can be determined from the program’s
CFG and encoded in the same way as the delay input.
The success of BDD based algorithms depends on the
size of the involved BDD’s, which is very sensitive to
the ordering of the BDD variables. Finding a minimum
sized BDD for a given logic function is algorithmically intractable. However, there are many heuristics for finding
good variable orderings [10]. A good variable ordering
must only be found once for each pipeline model.
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5. Work in progress
A prototype of the presented approach for pipeline analysis has been implemented for a simple pipeline similar to
the ARM7 pipeline. This prototype is currently being integrated with the aiT [1] framework for WCET analyses. For
the future, we are planning to model more complex CPU’s
like the Infineon Tricore and the Motorola Power PC family
of processors (MPC5xx and MPC755). The MPC755 is the
most challenging and interesting target because of the huge
state space of the pipeline model. We expect to achieve a
significant reduction of computation time and memory consumption compared to the existing implementation.

6. Conclusion
We have shown that the application of well-known
techniques for handling large state sets from the area of
model checking to the program semantics-based analysis of
pipeline models, can help to handle the increasing complexity of modern processor hardware for WCET computation.
For large state sets, BDD based algorithms are more space
efficient and faster than implementations using an explicit
representation of pipeline states.
Furthermore, we have established a connection between
pipeline analysis implementation and pipeline specifications written in Verilog or VHDL. Generating the pipeline
analysis from the same specification used for hardware synthesis is faster and less error-prone than the difficult way
of manual implementation. Finally, the important task of
verification of the analysis is also simplified for analyses
generated from HDL specifications.
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Abstract
Tools for worst-case execution time (WCET) analysis request several code annotations from the user.
However, most of them could be avoided or being annotated more comfortably if the compilers would support
WCET analysis.
This paper provides a clear categorization of code
annotations for WCET analysis and discusses the positive impact on code annotations a compiler-support on
WCET analysis would have.

the compiler-support would allow to specify code annotations at the source code level instead of burdening
the user with object code annotations. Existing mechanisms like debug information is not suﬃcient in case
of code optimizations performed by the compiler.
This paper categorizes in Section 2 the code annotations used by WCET analysis frameworks. Methods for
providing such annotations are described in Section 3.
The positive impact a compiler providing explicit support for WCET analysis would have on usage of these
code annotations is discussed in Section 4.

2
1

Introduction

The knowledge of the worst-case execution time
(WCET) is a mandatory prerequisite for the design of
safety-critical embedded systems, since embedded systems have to fulﬁll the temporal requirements imposed
by their physical environment.
Current research on compilers for embedded systems mainly focuses on issues like reduction of energy
consumption, resource-aware code generation, or retargetable code generators. Program execution time
is typically covered - as in traditional compiler construction - by performance-oriented code optimizations. The real-time behavior of programs is rarely
covered.
As a consequence, a WCET analysis tool has to request the user for numerous code annotations, mostly
at object code level, which could be avoided if the compilers explicitly support WCET analysis. Furthermore,
∗ This
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Code Annotations for WCET Analysis

The calculation of the worst-case execution time
(WCET) for a piece of code in general requires further information about the possible execution context
or runtime behavior of the code. For example, the chosen conﬁguration of the hardware platform has to be
speciﬁed. Furthermore, the program analysis method
may fail to predict the full execution behavior of a program with complex control ﬂow and therefore, explicit
assertions about the program behavior are required.
These examples give an idea of what information is required by a WCET analysis tool additionally to the
input program code. The speciﬁcation of this additional information is done by code annotations. This
section categorizes the diﬀerent classes of code annotations required for WCET analysis and discusses possible methods to specify them.
Due to limitations on computability, a WCET analysis framework that is capable to analyze industrial
code within a realistic software production process requires interfaces for the explicit speciﬁcation of miscellaneous parameters. Some of these parameters are not
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directly related to the WCET calculation itself, but
are required to parse and interpret the program code.
Therefore, we also looked at code annotation mechanisms provided by commercial WCET analysis tools
like aiT1 [3, 6] or Bound-T2 [8, 7].
The code annotations for WCET analysis can be
categorized as follows:
1. Platform Property Annotations (PPA)
2. CFG Reconstruction Annotations (CRA)
3. Program Semantics Annotations (PSA)
4. Auxiliary Annotations (AA)
Auxiliary annotations are constructs of annotation
languages that are used to reference certain locations
or control-ﬂow edges in a program code. For example, a symbolic name that will be used later on within
other code annotations, is assigned to a speciﬁc code
location. The other categories of code annotations are
described in the following subsections.

2.1 Platform Property Annotations
Platform Property Annotations (PPA) are
application-independent annotations, which are
used to characterize the target platform. A WCET
analysis framework supports one or more target
platforms. In case of a strictly static WCET analysis
tool, it uses a built-in hardware model for each target
platform. However, a computing platform typically
can be conﬁgured in many ways. For example, there
may be caches available with diﬀerent layouts, or,
as another example, the assignment of data and
code to the available memory conﬁguration can be
done in diﬀerent ways. Furthermore, to represent
the calculated WCET bound as real time instead of
processor cycles it is required to annotate the selected
clock frequency for the processor.
The PPA annotations described above are used,
for example, to parameterize the hardware models of
caches and pipelines. Since in this case the annotations are not directly bound to the application code,
there is no need of compiler support for such annotations. However, PPA annotations may be attached to
the program code for the sake of code optimizations.
For example, annotations about the use of read-only
or write-only memory regions can be combined with
annotations about their assignment to program code.
This may allows a compiler to optimize the access operations for these data areas.
1 http://www.absint.de

2 http://www.bound-t.com
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2.2 CFG Reconstruction Annotations
The CFG Reconstruction Annotations (CRA) are
used as guidelines for the analysis tool to construct
the control ﬂow graph (CFG) of a program. Without
these annotations it may not be possible to construct
the CFG from the object code of a program.
On the one side, annotations are used for the construction of syntactical hierarchies within the CFG, i.e.
to identify certain control-ﬂow structures like loops or
function calls. For example, a compiler might emit ordinary branch instructions instead of speciﬁc instructions for function call or return. In such cases it might
be required to annotate a branch instruction whether
it is a call or return instruction. A work around that
sometimes helps avoiding code annotations is to match
code patterns generated by a speciﬁc version of a compiler. However, such a “hack” cannot cover all situations and may also have the risk of incorrect classiﬁcations, for example, if a diﬀerent version of the compiler
is used.
On the other side, annotations may be needed for
the construction of the CFG itself. This may be the
case for branch instructions where the address of the
branch target is calculated dynamically. Of course,
static program analysis may identify a precise set of potential branch targets for those cases where the branch
target is calculated locally. In contrast, if the static
program analysis completely fails to bind the branch
target, it has to be assumed that the branch potentially
precedes each instruction in the code, which obviously
is too pessimistic to be able to obtain a useful WCET
bound. In such a case, code annotations are required
that describe the possible set of branch targets.

2.3 Program Semantics Annotations
Program Semantics Annotations (PSA) are used to
guide the calculation of a program’s dynamic behavior. In contrast, the annotations of Section 2.2 and 2.1
provide mostly static information about the program
to be analyzed and its intended target platform.
To obtain a precise WCET bound, it is mandatory
to accurately calculate the possible dynamic behavior
of the program. For example, a static WCET analysis
tool calculates the dynamic behavior of the program
by exec-time modeling and by performing path analysis
(as described in Chapter 2 of [10]). Exec-time modeling
means the assignment of execution time to instructions
for a given execution context.
To calculate a WCET bound, it is at least necessary to get iteration bounds for every loop or recursive call structure in the program. A quality improve-
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ment of the resulting WCET bound is possible if infeasible paths can be excluded from the calculation of
the longest path. Annotation languages that allow the
explicit speciﬁcation of ﬂow constraints are described
in [9, 1] (also aiT and Bound-T allow the speciﬁcation
of ﬂow constraints). However, in case the static analysis of the WCET tool performs a semantic analysis of
the program, it may be suﬃcient to indirectly specify
the feasible paths by describing properties like value
constraints or invariants of program variables.
Another kind of PSA annotation is the description
of possible addresses of memory references. Such annotations may improve the path analysis as well as the
exec-time modeling.

3

Annotation Methods

This section discusses diﬀerent methods how to annotate the code. First of all, to get precise results,
it is important that WCET analysis is performed at
a program representation level close to the executable
program format. We call the program representation
level where the analysis is performed object code level.
Following the ongoing trend in embedded systems development, the representation level where the program
is developed is much more abstract. By source code,
we denote the representation level of program development. The whole tool chain that transforms the program from source code to object code is summarized as
compiler. Following these deﬁnitions we can describe
things in common terms without loosing generality.

3.1 Separate Annotation Files
One way to annotate code is to use a separate annotation ﬁle. This is especially useful for annotating
the object code, as there are no common tools to add
such information to the object code. Since aiT and
Bound-T are primarily designed to analyze object code,
they both support the use of separate annotation ﬁles.
Both tools have to provide such an annotation technique, due to the missing compiler-support for WCET
analysis. Another reason is that the WCET analysis
framework should also be able to analyze code that is
only available as object code. The obvious drawback of
this procedure is that the developer has to look at and
understand the object code, which is only an intermediate representation where code locations might change
each time the source code is modiﬁed and re-compiled.
The support of annotations referring to code locations relative to symbolic labels reduces the amount of
code annotations that have to be checked again whenever a single module has been re-compiled.
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A more practical way to refer to the program code
is to describe the referring code location structurally.
For example, aiT allows to refer to loops by their order
within a function. aiT also allows to annotate loops at
the source code, but this represents the same mechanism, since the source code locations of these annotations are translated into structural locations. Further,
Bound-T provides a quite generic pattern matching language that allows to refer to code locations based on
various criteria. Using structural references allow the
user to annotate for the object code while looking at
the source code. However, the drawback of this technique is that it fails in case that the code optimizations
performed by the compiler change the structure of the
code.

3.2 Annotations within Program Code
Code annotations within the program code provide
the advantage that the developer can annotate the program behavior directly where the program is coded.
The preferred annotation method from the developer’s
point of view is to directly annotate the source code.
The concrete syntactical realization of these code
annotations is not of stringent importance within this
paper. Even the approach of extending the programming language with code annotation constructs allows
the compilation by conventional compilers that do not
support these language extensions. This can be realized by deactivating the annotations by a preprocessing pass prior to compilation [9]. The more relevant
question is whether the compiler provides support for
maintaining the consistency of code annotations in case
of code optimizations that change the structure of the
code. As shown by Exler, the consistency of code annotations may not be maintained without the help of
the compiler in case of code optimizations that change
the structure of the code [2].
The code annotation within the source code is especially interesting for PSA annotations since this provides the most seamless annotation interface for analyzing and annotating the code manually by the user.
PPA annotations are natural candidates for separate
annotation ﬁles since they refer to the low-level details
of the target platform. As a further argument, the PPA
annotations are often application independent.

4

Compiler Support for WCET Analysis

The compiler (and all related tools as deﬁned in
Section 3.2) transforms the code from the source code
representation level to the object code level, at which
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WCET analysis is applied. There are several reasons
why a compiler can contribute to and improve the calculation of a WCET bound:
• The compiler has the control and knowledge over
all code transformations that are performed before
emitting the object code. For a number of code optimizations it is not possible to recognize the eﬀect
of the optimization by comparing the structure of
the object code with that of the source code.
• The compiler has the view on both, the source
code and the object code. Typically, the execution behavior of a program is easier to obtain from
the source code than from the object code. This
is because the instructions in the object code reﬂect low-level implementation issues enforced by
the characteristics of the target hardware optimized for low resource consumption. For example,
distinct variables in the source code can become
aliased as spilled registers in the object code.
However, due to their lack of support for WCET
analysis, compilers are currently not considered as a
helpful tool for calculating a WCET bound. Instead,
the policy often is to turn oﬀ most of the features of
a compiler for the sake of generating object code that
maintains properties found in the source code. The
result is an object code that shows a poor runtime performance and a WCET that is typically much higher
than in the fully optimized code.
The intention of having a compiler supporting
WCET analysis is to get WCET analyzable code with
a seamless interface for code annotations. The support
by the compiler can be twofold. First, a seamless integration of code annotations into the source code representation level can be provided. Second, the need for
code annotations can be reduced by emitting properties
about the object code by the compiler. The following
lists several possibilities how compilers could support
WCET analysis.
Emit Description of CFG Structure: A
static
WCET analysis tool has to use CRA annotations
at the object code level for reconstructing the
CFG of a program. Using such code annotations
is a burden for the user of the tool since it forces
him to look at the object code level of a program,
maybe each time the code is re-compiled.
The compiler knows about the CFG structure at
the same precision as it is given by the syntactic
structure of the source code. Therefore, the compiler could automatically annotate the generated
object code by CRA annotations that will guide
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the WCET analysis tool to reconstruct the CFG
of the program.
Currently, there is an initiative under way by
the cluster Compilers and Timing Analysis of the
ARTIST2 Network of Excellence of the IST FP6.
The aim of this group is to deﬁne a common format for the speciﬁcation of object code and code
annotations. As a natural consequence, compilers
could be extended to directly generate such a code
speciﬁcation ﬁle.
Maintain Consistency for Code Annotations:
The natural interface for PSA annotations is the
source code representation level, because this
would allow the developer to do the implementation of the program logic and the code annotation
at the same representation level.
A framework that allows to maintain consistency
of control-ﬂow annotations in case of code optimizations performed by the compiler is described
in [10]. This framework maintains the consistency of the annotations for arbitrary code transformations. Such a framework can be complemented by static program analysis as a preprocessing step to calculate control-ﬂow annotations
from the code semantics and the provided annotations about code invariants. An example for such
a static program analysis based on abstract interpretation has been described by Gustafsson and
Ermedahl [4].
Emit Properties of Execution Behavior: PSA
annotations provide hints about the execution
behavior of a program. This information can be
used for the exec-time modeling and path analysis
phase of a WCET analysis tool (see Section 2.3).
The compiler may reduce the amount of required
PSA code annotations by automatically calculating and emitting some of these code properties.
For example, the compiler may know the memory
area potentially referenced by a speciﬁc pointer operation. Research on compiler extensions to emit
code annotations about control ﬂow and memory
access addresses is described in [11, 5].
Improve Predictability of Code: A compiler may
indirectly support WCET analysis by features not
directly related to code annotations. For example,
by using the single path conversion the executiontime jitter of real-time programs may be reduced
while at the same time the WCET analyzability
of the program will be improved [12]. This conversion may be also applied to local program seg-
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ments instead of the whole program, giving an effect similar to wcet-oriented programming [13].

4.1 Using Optimizing Compilers to Produce
Safety-Critical Code
There is often the argument that code optimizations
have to be prohibited for the production of safetycritical code. This argument is strengthened by the
fact that it is very hard to prove formal correctness
of a compiler. However, recent research is focusing on
analysis techniques to verify the semantic equivalence
between the original and the optimized version of a
program [14]. Maybe, such veriﬁcation techniques in
the future can be used to weaken the prohibition of
code optimizations on safety-critical software, and at
the same time providing a stronger argument for the
support of WCET analysis by optimizing compilers.

5

Summary and Conclusion

This paper provides an analysis of how compilersupport would improve the use of WCET analysis
tools.
First, a categorization of code annotations for
WCET analysis has been done, resulting into four categories: platform property annotations (PPA), CFG
reconstruction annotations (CRA), program semantics
annotations (PSA), and auxiliary annotations (AA).
Second, it has been discussed what impact compilersupport could have on these annotations. PPA annotations are program-independent, therefore no compilersupport is needed to support WCET analysis. However, the compiler may use PPA annotations for
platform-dependent code optimizations. The CRA annotations address the object code level. A compiler
may be extended to output additional program properties in order to reduce the need for manual CRA annotations. The most important impact a compiler supporting WCET analysis provides, is for PSA annotations. It will free the user from the burden of manually
analyzing and annotating the behavior of the object
code (provided that the source code of the program is
available).
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Abstract
Statically estimating the worst case execution time
(WCET) of a program is important for real-time software. This is difficult even in the programming language
level due to the inherent difficulty in detecting and exploiting infeasible paths in a program’s control flow graph. In
this paper, we propose an efficient method to exploit infeasible path information for WCET estimation of a loop
without resorting to exhaustive path enumeration. The efficiency of our approach is demonstrated with a real-life
control-intensive program.

1. Introduction
Static analysis of a program for obtaining the Worst Case
Execution Time (WCET) is important for hard real-time
embedded systems. WCET analysis typically consists of
three phases: flow analysis to identify loop bounds and infeasible flows through the program; architectural modeling
to determine the effect of pipeline, cache, branch prediction etc. on the execution time; and finally estimation to find
an upper bound on the WCET of the program given the results of the flow analysis and the architectural modeling. In
this paper, we concentrate on the estimation problem.
There exist mainly three different approaches for WCET
estimation: tree-based, path-based, and implicit path enumeration. The tree-based approach estimates the WCET
of a program through a bottom-up traversal of its syntax
tree and applying different timing rules at the nodes (called
“timing schema”) [5]. This method is quite simple and efficient. But it has limitations in exploiting the results returned by flow analysis. In particular, it is difficult to exploit infeasible paths due to branch constraints (dependencies among branch statements) in this approach as the timing rules are local to a program statement. Implicit path enumeration techniques (IPET) [4] represent the program flows
as linear equations or constraints and attempt to maximize
the execution time of the entire program under these constraints. This is done via an Integer Linear Programming
ECRTS 2005
5th Intl. Workshop on Worst-Case Execution Time (WCET) Analysis
http://drops.dagstuhl.de/opus/volltexte/2007/816

(ILP) solver. Attempts have been made to integrate special
flow information in IPET [2]. However, the kind of flow information that can be handled by IPET is inherently limited. This is because the usual ILP formulation introduces
formal variables for the execution counts of the nodes and
edges in the Control Flow Graph (CFG) of the program.
Since the variables denote aggregate execution counts of
basic blocks, it is not possible to express certain infeasible
path patterns (typically denoting a sequence of basic blocks)
as constraints on these variables.
Path-based techniques estimate the WCET by computing
execution time for the feasible paths in the program and then
searching for the one with the longest execution time. Thus,
path-based techniques can naturally handle the various flow
information. Healy et al., in particular, detect and exploit
branch constraints within the framework of path-based technique [3]. Originally, path-based techniques were limited to
a single loop iteration. However, Stappert et al. [6] have extended it to complex programs with the help of scope graphs
and virtual scopes.
One of the main drawbacks of path-based techniques is
that they require the generation of all the paths. In the worst
case, this can lead to • • paths where • is the number of decisions in the program fragment. In control-intensive programs, we have encountered up to • •• • • • • • • paths in a
single loop iteration (see Table 1). Research by Stappert et
al. [6] has sought to avoid this expensive path enumeration
by finding (a) the longest program path • , (b) checking for
the feasibility of • , and (c) removing • from CFG followed
by the search for a new longest path if • is infeasible. This
technique is a substantial improvement over exhaustive path
enumeration. However, if the feasible paths in the program
have relatively low execution times, then this approach still
has to examine many program paths. Indeed, for our benchmark only a small fraction (less than • •• • ) of the paths are
feasible, making this approach quite costly (see Table 1).
In this paper, we present a technique for finding the
WCET of a program in the presence of infeasible paths
without performing exhaustive path enumeration.
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2. WCET Estimation Algorithm
In this section, we present a method for finding the
WCET path of a single loop. Once this is obtained, the
WCET path of the program can be obtained by composing the WCET paths of individual loops through the wellknown timing schema approach [5]. Of course, this will
mean that infeasible path information across loops cannot be taken into account. We assume that state-of-the-art
WCET analyzers such as aiT[1] can be used to estimate the
worst-case execution time of each basic block.
Given a fragment of assembly code corresponding to a
loop in a source program, we first construct the directed
acyclic graph (DAG) capturing the control flow in the loop
body (i.e., the CFG of the loop body without the loop backedge). We assume that the DAG has a unique source node
and a unique sink node. If there is no unique sink node, then
we add a dummy sink node. Each path from the source to
the sink in the DAG is an acyclic path — a possible path in
a loop iteration. Our algorithm finds the worst case execution path for a single iteration of the loop, i.e., we find the
heaviest acyclic path. If the estimated execution time of the
heaviest acyclic path is • and the loop-bound is ••, then the
loop’s estimated WCET is •• • •.
We find the heaviest acyclic path accurately by taking
into account infeasible path information and yet we avoid
enumerating all the acyclic paths in a loop. Clearly, the infeasible path information that we work with may not always
be complete; so the accuracy of our heaviest acyclic path
detection depends on the accuracy of the infeasible path information. First, we discuss the infeasible path information
used and then explain how it is efficiently exploited in our
WCET calculation.

2.1. Infeasible path information
Our infeasible path information consists of
two binary relations capturing conflicting pairs of
branches/assignments: AB conflict and BB conflict. The relation AB Conflict is a set of (assignment, branch-edge)
pairs, that is, if •• •• • • • • • • • • •••• then • is an assignment instruction and • is an outgoing edge from a
conditional branch instruction; on the other hand, the relation • • • • • • •••• is a set of (branch-edge, branch-edge)
pairs.
We do not detect conflicts between arbitrary branches
and assignments to avoid an inefficient conflict detection
procedure. The only conditional branches whose edges appear in our BB conflict and AB conflict relations are of the
form • • • •• ••• • • •• ••• • • • • • • • • •• • •• • • •• • •. Similarly,
the only assignments which appear in AB Conflict are of
the form • • • •• ••• •• •• • • •• • •. For such assignments and
branches we can define pair-wise conflict in a natural way
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(see [3] for a full discussion). For example, • •• • conflicts
with • • • , but not with • • • ; similarly • • • conflicts
with • • • but not with • • • . Now, for such restricted
branches and assignments, we put an assignment • conflicting with a conditional branch-edge • into the • • • • • • ••••
relation (i.e., •• •• • • • • • • • • ••••) iff there exists at
least one path • from • to • which does not contain assignments to the common variable appearing in • •• . Similarly,
we put two conflicting conditional branch-edges • • •• into
the • • • • • • •••• relation (i.e., •• • •• • • • • • • • • ••••)
iff there exists at least one path • from • • to • which does
not contain assignments to the common variable appearing
in • • •• . If •• • •• • • • • • • • • ••••, there may be another
path • • from • • to • that contains an assignment to the common variable appearing in • • •• . Such paths should not be
considered as infeasible paths.
The computation of the • • • • • • •••• and
• • • • • • •••• relations can be accomplished in
• •••• • • •• •• • •• •) time where •• •••• • are the
number of nodes and the number of edges in the control flow DAG; this is because for each branch-edge we
need to perform a depth-first like search to find conflicting branch-edges and/or assignments.
Example: A loop-free program fragment (which can be the
body of a loop) and its control flow DAG are shown in Figure 1. In this example, the relation • • • • • • •••• contains
only one pair – the assignment at basic block • • (which
sets • to • ) and the branch-edge • • • • • (which stands
for • • • ). The relation • • • • • • •••• contains the branchedge pair •• • • • • •• • • • • • that captures the conditions • • • and • • • .

2.2. WCET calculation
We now present our WCET estimation algorithm for
finding the heaviest feasible path in an iteration of a loop.
We do not enumerate the possible paths in an iteration and
then find the heaviest. At the same time, we do not consider all paths in the loop’s control flow graph to be feasible – we consider the infeasible path information captured
by • • • • • • •••• and • • • • • • •••• relations.
Our algorithm traverses the loop’s control flow DAG
from sink to source. However, to take into account the infeasible path information, we cannot afford to remember
only the “heaviest path so far” as we traverse the DAG.
This is because the heaviest path may have conflicts with
earlier branch-edges or assignment instructions resulting in
costly backtracking. Instead, at a basic block • , we maintain a set of paths • • •• • •• • where each • • • • •• • •• • is a
path from • to the sink node. • • •• • •• • contains only those
paths which when extended up to the source node can potentially become the WCET path. For each path • • • • •• • •• •
we also maintain a ”conflict list”. The conflict list contains
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Figure 1: A loop body with its Control Flow Graph
the branch-edges of • that participate in conflict with ancesso far. Thus each path • in • • •• • •• • is written in the form
tor nodes and edges of • .
• • • • • ••• • ••• • .
Starting from node • • • in Figure 1, our traversal is rouDuring our traversal from sink to source, consider a sintine till we reach node • • (• denotes empty set).
gle step traversal from • to • along the edge • • • in
the control flow DAG. We first construct • • •• • •• • from
• • •• • •• • • • •
• •• • • • • •
• • •• • •• • by adding the edge • • • at the beginning of the
• • •• • •• • • •
• •• • •• • • • • •
paths in • • •• • •• •. Also, for each path • • • • •• • •• • we up• • •• • •• • • •
• •• • •• • • • • •
date its conflict list to contain exactly those edges in • which
The outgoing edges from node • • appear in conflict relahave conflicts with branch-edges/assignments “prior to” •
tions capturing infeasible path information. Consequently,
(in topological order). At this stage we may add the branchour method maintains two paths in • • •• • •• • • — the heavedge • • • to • ’s conflict list or we may remove an edge
iest path starting with • • • • • and the heaviest path start• from • ’s conflict list if all branch-edges/assignments coning with • • • • • .
flicting with • appear “after” • (in the topological order).
If as a result, we have identical conflict lists for two paths
• • •• • •• • • •
• •• • •• • •• • • • • • • • • • •
• •• • • • • •• • •• •, then we maintain the heavier path among
•• • •• • •• • • • • • • • • • • •
• and • • . Finally, if the conflict list of a path • • • • •• • •• •
Now, from node • • we traverse to nodes • • and • • . The
becomes empty and • is the heaviest path in • • •• • •• •, we
assignment
in node • • conflicts with • • • • • . Thereassign the singleton set • • • to • • •• • •• •. Details of the alfore, we do not consider any path in • • •• • •• • • which congorithm are omitted for space considerations.
tains • • • • • in its conflict list. This is how infeasible
In the worst case, the complexity of our algorithm is expath information is accounted for in our WCET calculation.
ponential in •• •, the number of nodes in the loop’s control
Thus we have
flow DAG. This is because the number of paths in • • •• • •• •
for some block • may be • •• •• • • due to different deci• • •• • •• • • • • •• • •• • •• • •• • • • • •
sions in the branches following • . In practice, this exponential blow-up is not encountered because (a) branch-edges
We drop • •
•
• • from the conflict list of
which do not conflict with any assignment/branch-edge do
•• • •• • •• • •• • • • as we have encountered an asnot need to be kept track of, and (b) a branch-edge which
signment to program variable • in • • . The assignconflicts with other branch-edges/assignments need not be
ment implies that the conflict between • • • • • and
remembered after we encounter those conflicting branch• • • • • does not hold along any extension of the paredges/assignments during the traversal.
tial path •• • •• • •• • •• • • •.
Illustration We demonstrate our WCET calculation method
At node • • , we first add • • to the two partial paths
by employing it on the control flow DAG of Figure 1. As
from • • . Then, we notice that the edge • • • • • is inmentioned, we traverse the DAG from sink to source and
volved only in a conflict with • • and we have already
maintain a set of paths • • •• • •• • at each visited node • . For
traversed • • . Therefore, we can drop this edge from the
each path • • • • •• • •• • we also maintain the conflict list, a
conflict list of the partial path •• • •• • •• • •• • • • and this
set of branch decisions drawn from branch decisions made
path now becomes completely conflict free. Assuming that
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Function
statemate
statemate1
statemate2
statemate3
statemate4
statemate5

Basic Blocks
334
44
73
161
17
43

Total Paths
6.55x• • • •
19,440
902
1,459,364
10
256

Feasible paths
1.09x• • • •
7,440
36
69,867
10
58

BB-Conflicts
74
6
26
15
0
2
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AB-Conflicts
15
0
0
0
0
0

Enumerated Paths
121,831
15
14
40
1
4

Table 1: Efficiency of our WCET calculation method.
for one loop iteration and chooses the longest feasible one,
Function
WCET Estimation (cycles)
runs out of memory even on a PC with 1 GB main memory.
w/o infeasibility with infeasibility
The column Enumerated Paths shows the maximum numstatemate
44,800
41,520
ber of paths that need to be maintained by our estimation
statemate1
29,400
28,960
technique at any point of time. The results are quite encourstatemate2
2,750
2,270
aging; even for the entire statemate program, we only
statemate3
7,300
7,000
need to keep at most • • • •• • • paths at any point of time
statemate4
1,070
1,070
during the estimation. As a result, our estimating technique
statemate5
2,370
2,090
requires less than • minute for the entire statemate program on a Pentium4 1.7Ghz platform with 1GB memory.
Table 2: Accuracy of WCET estimation with and without
Finally, Table 2 shows that, as expected, our method proconsidering infeasibility.
duces more accurate estimation compared to a method that
•• • •• • •• • •• • • • is heavier than •• • •• • •• • •• • • •, we
does not take infeasibility information into account. The
have
only exception is statemate4, which does not have any
infeasible path.
• • •• • •• • • • • •• • •• • •• • •• • • • • •
On the other hand, if •• • •• • •• • •• • • • is heavier, we still
need to maintain both the partial paths (as the heavier path
may become infeasible later). Continuing in this way we
reach node • • ; we omit the details for the rest of the traversal. Note that the control flow DAG of Figure 1 has three
branches and • • • • paths. However, when we visit any
basic block • of the control flow DAG, • • •• • •• • contains
at most two paths (i.e., the exponential blow-up is avoided
here in practice).

4. Discussion
In this paper, we have reported preliminary results on exploiting (limited) infeasible path information during WCET
estimation of a loop without resorting to path enumeration.
The efficacy of our technique has been demonstrated on a
substantial real-life car window control benchmark. In near
future, we will develop WCET estimation methods that can
take into account infeasible path patterns of arbitrary length
without compromising efficiency.

3. Experiments
In this section, we present preliminary experiment results
for the proposed method. The benchmark used in our experiment is a car window lift control program taken from the
C-Lab benchmark suite. It is automatically generated by the
Statemate tool based on a state-chart specification. We report results for the entire program (statemate) as well as
program fragments corresponding to all the five functions
(statemate1 to statemate5).
An enumeration-based WCET estimation method typically examines each possible path, filters out the infeasible
paths and selects the feasible path with the maximum execution time. Table 1 shows that the total number of paths
through a single iteration of the loop body can be quite large
(• •• • • • • • • possible paths out of which at most • •• • • • • • •
are feasible for statemate). In fact, a naive WCET calculation method, which enumerates all these possible paths
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Composable Real-Time Analysis (Abstract)
Lothar Thiele, ETH Zürich
Embedded computer systems are getting increasingly distributed. This can not only be seen on a
small scale, e.g. in terms of multiprocessors on a chip, but also in terms of embedded systems that are
connected via various communication networks. Whereas classical methods from the worst case timing
analysis and real-time community focus on single resources, new models and methods need to be
developed that enable the design and analysis of systems that guarantee end-to-end properties.
The talk covers a new class of methods based on real-time calculus. They can be considered as a
deterministic variant of queuing theory and allow for
(a) bursty input events and event streams,
(b) heterogeneous composition of scheduling methods (EDF, FP, TDMA, WFQ, ...),
(c) distributed computation and communication resources
(d) detailed modelling of event stream correlations and resource behaviour and
(e) hard worst case bounds.
Besides introducing the basic models and methods, some application studies are covered also.
It appears that this class of new methods provide a major step towards the analysis and design of
predictable distributed systems.

